US008269523B2

a2 United States Patent (10) Patent No.: US 8,269,523 B2

Konda 45) Date of Patent: Sep. 18, 2012
(54) VLSI LAYOUTS OF FULLY CONNECTED 5,856,977 A * 1/1999 Yangetal. ... 370/395.72
GENERALIZED NETWORKS 6,049,542 A * 4/2000 Prasad .. ... 370/386
6,157,643 A * 12/2000 Ma ........ .. 370/389
. 6,567,858 B1* 5/2003 Yang et al. 709/238
(75) Inventor: Venkat Konda, San Jose, CA (US) 6.940.308 B2* 9/2005 Wong ... T 326/41
. 7,130,920 B1* 10/2006 Sailor .......c.cccocovvenen. 709/238
(73) Assignee: Konda Technologies Inc., San Jose, CA 7,136,380 B2* 11/2006 Li covovvivervrrinrerinene 370/388
(US) 7,154,887 B2* 12/2006 Wu et al. ... 370/388
7,346,049 B2* 3/2008 Towles .. ... 370/386
(*) Notice: Subject to any disclaimer, the term of this 7,349,387 B2* 32008 WU covvivirininiiiiirinnnns 370/360
patent is extended or adjusted under 35 (Continued)
U.S.C. 154(b) by 183 days.
Primary Examiner — Vibol Tan
(21) Appl. No.: 12/601,275
(57) ABSTRACT
(22) PCT Filed: May 22, 2008 In accordance with the invention, VLSI layouts of generalized
(86) PCT No.: PCT/US2008/064605 multi-stage networks for broadcast, unicast and multicast
h connections are presented using only horizontal and vertical
§ 371 (©)(1), links. The VLSI layouts employ shuffle exchange links where
y ploy £
(2), (4) Date:  May 31, 2010 outlet links of cross links from switches in a stage in one

sub-integrated circuit block are connected to inlet links of

(87) PCT Pub.No.. W02008/147928 switches in the succeeding stage in another sub-integrated

PCT Pub. Date: Dec. 4, 2008 circuit block so that said cross links are either vertical links or
horizontal and vice versa. In one embodiment the sub-inte-
(65) Prior Publication Data grated circuit blocks are arranged in a hypercube arrangement

in a two-dimensional plane. The VLSI layouts exploit the
benefits of significantly lower cross points, lower signal
latency, lower power and full connectivity with significantly
fast compilation.

(60) Provisional application No. 60/940,394, filed on May The VLSI layouts presented are applicable to generalized

US 2011/0037498 A1l Feb. 17,2011

Related U.S. Application Data

25, 2007. multi-stage networks V(N,, N,, d, s), generalized folded
multi-stage networks V., (N, N,, d, s), generalized butterfly
(51) Int.CL fat tree networks V,,(N,, N,, d, s), generalized multi-link
HO3K 19/177 (2006.01) multi-stage networks V, ,,,..(N,, N,, d, s), generalized folded
(52) US.CL .ot 326/41;326/38 multi-link multi-stage networks V ¢,z z:mu(Ny, N, d, 5), gen-
(58) Field of Classification Search .............. 326/38-41; eralized multi-link butterfly fat tree networks V, ;.. (N},
370/390, 312, 360, 388, 412 N,, d, s), and generalized hypercube networks V.. (N;, N,,
See application file for complete search history. d, s) fors=1, 2, 3 or any number in general. The embodiments
of VLSI layouts are useful in wide target applications such as
(56) References Cited FPGAs, CPLDs, pSoCs, ASIC placement and route tools,
networking applications, parallel & distributed computing,
U.S. PATENT DOCUMENTS and reconfigurable computing.
4,813,038 A *  3/1989 Lee ...cccoeovvivrvniiiiiinne 370/390
5,406,556 A * 4/1995 Widjajaetal. ............... 370/381 48 Claims, 39 Drawing Sheets

TR TORCRERe
AAOLT

1

isao) 2
518,081 Msit A
Bl

RN “ | Lol 1123 45122
NSl \swssosﬁMsH 10,800 3 ILBESER e gn s s aé | AR e e )
Eheaa / WIS RS e, AR e, |
VS8 NGB | V0,103 St VBG83 { a8 W) |
Veth DSl S(1.16) 4 SIS 16) Wsth 15 & S 1 WSLe12)5 ML )

B\ock 12 Block 5_6 Bl

Block 21_22!

s . . 5 T

B e LROLT ) ) i) s il aotis, ey
LI E

R ) ! lugb o | T
| s St sy w1 P 118 00 W11, S0 iy
S sl HER ot osre e ars iy ! STy 0

s
e ob wsi zmmsﬂz s
Y AN Msumsms(sm / SRR
NStz 8 visis2) | NS3.15) 8 W6, 15) | G, 14) 8 MS(6, ) MG, 8 WS 1) |
18(4.2 8 M52 W, 15)8 MO(5,15) WEH4,14) & WG u] MS(411) & MS(5,19)

Block 3_4 Block 7.8  Block 1920
"'mwmmumw USSR A m i e AT
He L R L35 0L
CETEH B s
H 070
[ — SN i iL26 & OL28) h
\515051 MS(1,2) & M8(7,3) Y ! wate) aMSYB \575057 Msﬂ EMS‘H b |s1nacsmms|1n MS(7
gy hslsm\ g hsmﬁ &m i 7N rS ias(svy\ g &méml% N
NS ENSE3) WSEH6) & SBS) | usn e | 52,10/ (6.1
o 318 1s(51) W 6) & S S TIAMEEY) WSta 1018 MSt8 1)
Block9_10{ Block13.14 { Block 25_26/
i Wi A R T G
g LEROL1S TR,
© 1 2 1
o k
brizorm N s o " iz som \ T ek
Sta e wshhaaus 950,085 Si15 8 w73 o whauera 1 ok sl s
wd MSVZSS i / iz e ‘As(e@y\ / d WSz Kol ! 6 lwsm& isish.
MS(3.4) & MSIB0) | M@ MSES) | o e ME(E9)8 Waed) |
MS(4,) 8 MS(5 B MS(4.9) & MS(EY)
lock 11_12 Block 15_16 ‘Blnck27.28 ...} | Block3182 i

Page 1 of 62 FLEX LOGIX EXHIBIT 1001



US 8,269,523 B2

Page 2
U.S. PATENT DOCUMENTS 7,468,974 B1* 12/2008 Carretal. .......ccccoe.... 370/388
*
7397796 B1* 72008 Smiljani ... 370390 S 008081 B+ 1ol mingeral - ol
7,424,010 B2* 9/2008 Konda . 370/388 e 8
7,424,011 B2* 9/2008 Konda ......cccccovvvvvnnnne 370/388 * cited by examiner

Page 2 of 62



US 8,269,523 B2

Sheet 1 of 39

Sep. 18, 2012

U.S. Patent

(59 DN (£0'G) T - (g0, ($O'EI N (7921 Sl -
(oL s 7 (oL'9)s (9L'g)sW ) (oL'rIsw ‘ (9L'els “h orDsw (gL' s aLsl ﬂ”
‘2N Q91N (092 W (09°L) W
U S1S0 (gL 2)sm ‘ (s1'9)sW (g1'g)sW (S1'YISW (s1e)sn (51°2)SW (s1'Vsw sLsl ﬁ”
6210 . -
[CEalS _{98° )W {95')TN |_(95°%) TN LosT (eI
8210 / /
u 180 K (rr2sm (r1olsm tri's)sn RIROE (rLe)SH r2sn (vl LS st ﬁ”
Prale) | ; ;
N\ (28l 5 )TN 256N (zg'7)I N /\ﬁm (2l Zg L
%o u £1s0 (€L 2)SN (eL'g)s (e1°g)SW (eL'vISW (er'e)sn (e1osn ] (e1°LISW €lsl ﬁ“
§Z10 < . h
o' )TN (8% )TN (872 — BF LN,
¥Z10 7 \ , P
(zL s (zi9sm (zrslsw (21 vIsw (zve)sn (zL2)sm (zLvs zisl
€270 .
~ 78N ey 2N Jevolm -{gren ey W (7 L)W
&o U 1180 (LS ) (LL'9)SW (L'gsw (LLPIsmw (LL'edsw (Lizsn (L1 Vs LLsl ﬁ”
1210 : .
(ov'e) - —(or' 2 {oroln {ov'sl (0¥ 7) TN lov'ern Lordw (or I
0z10 / /
u 0180 K (o1 s (01'9)sW V orosn Orrsw oLe)sw (ovzsn (oL sw K olsl ﬁH
6170
P, Loe'g) £ )TN (989N (9e°€) TN /)ﬁm.uj_z 9e'L)IN
8rio 680 (6')sw (6'9Is (6°g)s (8'VISIN (6'e)s (8IS ! (B'Lsw 63l ﬁ“
e : 2 ize'e) . :
QN (ze'Ow- (ee9m— 2NN TETN —
or10 €= ZE'8) TN ") % £ e )
8S0 (g' s (8'9)si (g'g)sn (a'vIsi (8'e)s (8IS (8'LJSW
S170 :
- )N 37" 1N AwN 2N
7110 < i < )
U 13S0 (' Dsin (29 (2°G)SW (L'sn (Z'e)sw (L'2)SW [VAISET] 231 ﬁ”
[le] <
(rz'erin, ROz ((reT (et n-
Z10 J } [/
950 CHE (o' (gglsn (@' PISIN (©@'eS ©Z)SW (9'L)SW osi
1110 : :
_. (0z'8) 1N {oz )W (oze) —toz'
orio (¢'9)SW (5's)sW (G'rIs (g'elsW (52)sw (g°1sw gs| ﬁ”
570 (a1'2) (LN
‘S IN— QL) QL2 - ; -
10 HeW % \ /
S0 (v IS (r'a)sn (r'a)SW (rrisn (r'e)s (F'2sw ' SW +S1
e o A (T2 &iorm Z1ew (R TR
10 u €80 (e DS y (e'9sw (e'g)sW (€r)SW (e'e)s (£'2sW (e°sw €Sl ﬁ”
g10
gD {8'9IN gl _gmw @I,
710 /
Znsw Zosw Zsw Zrsn (Ze)si (ZDsW @1 K zsl ﬁ”
€10 : ! : :
_(p 2N / (F'or _{(7's) I (Ca Al -(r'e) N /) (el A
e (L'9)S (L'g)sm (L'v)sn A (L'esw / (LZ)SW Y (LS 18I ﬁ“
H10 (s T UERT (OS] [T Venw o PR
Ny S N Ny N N N N N
0Z1 061 081 01 091 0S4 orl 0L 0ll
.
V1 "Old
Vool

z€

e

oeTl

4l

8¢l

pxal

kAl
gel

vl

€z

2z

L

(Al

[l

1l
LK

gl

S

1l

Al

[l

(2l

oLl
61l

Eeall

Fall

Eall

Eall

gl

Pl

[l

[l

Page 3 of 62



US 8,269,523 B2

Sheet 2 of 39

Sep. 18, 2012

U.S. Patent

(oL'v)si

(Ze'6) I 8 (PO P) TN —

L2

(87'9) W % (p9'el i,

(9L°g)sIN 2 (aL'E)SIN

(5Lvisn

(FL YIS

(eL'vISW

(zivisn

(Lvisn

(ovwisi

(e'visn

(8IS

(s

('S

(§'vIsi

(rrisn

(e IS

A

Vi

(s1°g)si B (51L°E)S

(rL'E)ISN B (VL'EISW

(eL'G)SIN B (eL'E)SN

4

(91°9)SI ® (9L°ZISW

7r'9) TN 2 (09°€) TN A
P

(g1°9)sn B (5L°2)s

(PLOISW B (PL°Z)SIN

(eL'g)si B (eL'2)sS

(25 2N 3 (0921 W

N (0020 % (252

(95" 2)IN 8 (P9Z) A
/

(0g'e) N 8 (v L)

)
/ z€l0® e

(oL 2)sin g (911 s 91S0 B 9IS
LE10 R LET

NN

9'8) TN '8 (09° L)W

(gL' Dsns (L VSH G1SO % GISI
6210 36211
¥ B B 0 0
¥ L IN B (892N (28°8) 1A 8 (95°41
4 / 82102 821l
(rL'2sme(riL)s IS0 B ¥1SI
22108 220

(eL'sn s eV Vs

N /rcm.m:s_ B (zg'LW

(ov" 27 2 (8¥'2)aN

3

(z1'9)SW 2 (ZLZISW

(ZL'5)ISN B (ZTL'EISW

(LL'g)SN 8 (LL'eISW

92708 9271
€1s0 B Elsl
G210 8 g2l

(23

(z1' s (zV s

fARS e R AR

210 R v

€210 % €Tl

(L1'olswe (2S¢

b

(oL'e)sii g (oLels

‘N (95°9) 1N ® (OF"€) N
3 <
y/i Y (oL'g)sin s (OL'ZISN

SN B (P

(LDsWE (L VS

8) TN 8 (b LI

LSO B LISl

ﬂH"NN._o Bzl
12108 1211

N B(07'2) TN (98°8) TN B (o' m

(oL (0L LIS

(89)SN B (6'E)SN

V/AERNN

01s0 B 0lsl

0270 % 0z

670 % 6Ll

7S'9) TN B (98°E) TN
¥ (s0lsm = (52)sn

(7P 2N B (9€°2) TN
(6°2)sN 8 (6°LISW

(g'g)si 8 (€IS

(rg)sm s Lels
{95°9 N8 (rZ T

(o's)sn g (g'e)sw
_Zzsg W s loz%) N
(g'g)sin 8 (€IS

(r'a)sn s (T'elsw

(or'8) 1IN B (9€° L) TN
6S0 2 6S!

8170 % 8Ll

ZHO 8 LU

(y2' )N 2 (282 W

(8°9)SW B (8'Z)SW

/
/

(gz'e) I 8 (28 AL

4

g110% 9Ll
(8"2)si 8 (8"'1)SW 850 % 83l
—= ¢ G110 B 6Ll

Bl 8 (8Z°€) W A

(LIS (2Z)s

(o'els 2 (9°2)SW

(G'9IS B (S'Z)S

A ANCICIAANT

('Dsne(2'Us

\ P (ze'®) W 8 (82 W

1108 711
480% /8]
cHo BN

¥

N2 (P22 N (0Z8) TN B (v2 LA
i

(@ 2)s B ('S

(gz. ) 8 ozzn
(g'sin 8 (5*VSW

9S0 8951
—rzel B (0z' LI

ﬁ"wjo kx4all
Lo Ll

0L10 B 0L
SSO®GSl
610% 61

(CPARI R JCTR A3 (
7y

(ro)Sn 8 (+'2)S

}
(g°g)si B (e'€)sn

19N B (oL

&

¥SO 2 vSI

yoEl|
7 (F2)SW 2 (FLISW A &
/4

N

810 2 871l

£70% 4

3

(e9)sn B (€£2)s

F/A/A\URA\Y

¢ —(OFIN 2 (87 TN

Y}
(z'g)sn s (Zelsw m

(Z'vIsw 77

¥

{log'gn = (Fp) N

(L'g)s 2 (L'e)S )

a00l

) ERNN
€

1PN R LT \

(e" s B (€ 1SN

L8N 8 (ZL' I

£SO ®esl

9710291

510247

TN B (8°E) N

(9IS B (TS

gOLIIN B (8D (PR G.:.ﬁ

(Z'DsW B (Z°1ISW

zs0 8 zsl

ek aall

€102 7

g

0z'9)IW 2 (+'€) N
¥ (olswe (1S

T0LL%0SE

TOT B (e TP

N

TosLRonL

a1 "O1d

(2L B (2w

—(g'g)n B (+*1)n
IS0 % 18I

[Alek-xall

Lo® L

0ZL¥0LL

Page 4 of 62



US 8,269,523 B2

Sheet 3 of 39

,2012

Sep. 18

U.S. Patent

ze e yooig| 82 2Z¥o0id]

|
|
1 (5'9)sn B (sPISN
| (g'olsi 3 (Be)sn I (g'o)sIu B (S'E)SIN
A |
|
|

m

|

(3'5)SIN B (8PS m
|

wvms_ 3 (82)SW wvms_ B (S2ISW W
I

I

|

|

I

I

|

|

| (69)s 8 (6')S

(6’ wvw_\,_ 2 (6'2)si

,
m
| vwvm_\,_ 2 (F'2Isiy
a bms_ R (6'L)SW 6SO B 6SI | H

|

I

I

|

|

|

I

I

? tw_\,_ B (¥ :ms_ Eo 3 LS

I
i
(5'5)sn 2 ('S
I
/
_, Aw bws_ » (g :w_\,_ 8S0 % 83l m ‘2SN R (s'1)SW §SO B SSI

y N m., %N._O B vN.__ \ Ie {v10% v.__

o (zew

|

|

5

lare 7037 | e ¢ ¢ g10%e

A (g10% w”.__

A . J €el0BZEM! | s gz1o® 8zl . x 91108 9Ll . -
| +“ © ! >
IS g ! , 14 €
L PR B ) . : TGN .- 3 \, i
| g 2 (6l TN/ cle1o%Lel ,x (8'9)n 8 (8'€) TN J /1210 % NN.__, x (@enm's (g 7 mr._O %" mr.__ rows e/ |
E@ﬁ@%wﬁ%@ (ENNBEDN_EOINEELIN 1 (e e (naa EUE&wNUﬁL@EEEPES U Hg'shn e S — ﬁjzwﬁwrszaiiwaﬁrL — el B b I — A R R *#wjzﬁ‘ﬁjz
” 0¢ 62 00lg m 9¢ GZ10|d m ¥l €1 Xo0|g W 0l 62019 m
I I I I
| 1, . | . |
§ SIS 2 (0L IS I (LSS B (LP)SW HYSISN 8 (9'F)SIN I{g's)sn 2 (£'r)s !
Sr 9)SIN 2 (0L 'S)SIN ! W {(£'o)sn = (L'E)sI ! ) 8 9)SIN B (9'€)S ! ' (g9l B ('E)sI !
i SF 8)SIN .m (0L'Z)SW L/ : wvms_ ke : ZISW | G wvm_\,_ 2 (927)sK | 3 wvms_ B (£'27)SW |
BF N S 2 (0L'L)SW 0LSO B 0LSI | H : Oswe(L1)sw L80% 481 8 tws_ B(9'L)SN 9508 981 | Am tm_\,_ 3(e'L)SW 1508 1SI |
| ’ 08102 087 | 2 {92108 9271 A ¢ #LI0 % vLI, . ? 011078 oLl
W g z ! - m ‘uvA z ! . Lls ¥ € z m 4 - z m
f 3 8 o o | : , | 3 8§ |
W (191 % (0L x, 6210 % mN.__, x (2’9 C €N M mm._O g mN._L_, x (99 B (98N % 7'€110 vm m_‘.__L % (g9 s (ge) ¢ " 670 .w m._
(OIS Oy (O T O T PO OrUAR (ZSA s 5 — (2R W PO 0T OSTI S I — (e B toe Aqa.aﬁﬁo.uqsﬁ TERIWEEPTW T EIIWR €W Am\,m TSI
m ¥Z €2 20| m 0z 6l v_oo_m_m 8 /2 00|d m 1S v_oo_m_ﬁ
I | | I I
| . ) L ) |
(Li'e)swe (LL'vIsw | :: SISW 8 (PL'PIS I (sL'S)SW 3 (L HISI ! N SIS B (€'F)sW !
W/ (LIS B (LL'E)SW | § 9)SIN 8 (#L'€)SIN ” V Gr 9)SIN B (GL'E)SW Lo x4 em_\,_ 2 (Z'c)SW !
[T @ms_ B (LL'2)SW VAN (3 8ISW B (7L Z)SI PN T3 wvws_ ® (SLZ)SN L/ a wvms_ B (22ISW I
[ ~(L ISR (LLLISW 1ESO B LIS \ :; 2SR (FLILISW £1S0® Em_, @ 2SN B (SL'1ISWS)SO B §1SI! ﬁ - AN bws_ B (2 :ms_ 1SOBISI |
I I
|
|
|
I
I

[ PULrans (Lerw

7£210 8 mN.__
O W@SW%@&M?&W@SM&@WJ@ \@M@E&W@ﬂ_@ \\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ FINFIG \MW_\‘\@wuH_\‘Hﬁm\r\NUE CErOwIIg \BE HWMUEMW PIN MW B 2N (9 TR,
WNN Lgooig 8l 1 00ig G xo0ig |2 1woig

ar S)s 2 (ZL YIS
| @Lols 2 (2L E)sw

x,\ ~er8lsn B (2L 2)si
i \ @ bm_\,_ % (2 r,:m_\,_ Aol FAR]

(c1'S)IS ® (SL'H)SW
V(gL'o)sIN » (sL'E)SIN

/5 wvms_ 2 (EL'2)ISW
N Amrbms_imr LS €£1S0O B €LSI

L'
(9L'9)si B (9L"E)SW | (L'o)sW 2 (L'E)sIN

o wvm_\,_ B (9L'Z)SIN L @ms_ B (L'Z)SW
Gr SR (9L' LIS 9480 B 9LSI \ : sne( :m_\,_ 108 ISl

I
I
IS B (9L PISW L (e)sin g (L'y)sI
|
I
I

{ P €z10% z21 / N J 80%8Ll -~ S {91039 | - ? (10821
S ¥ 3 3 . 3 ) | S 4 4
, DI : © 8§ =
I evems e lz10 81271 o s leverw “7L10 821l s1o%s | O oW (Fenn MIRTL-aR

ﬁinjs_ @V 0We (V2N (LB IR 2L TN (ELS TR EL 7N (10T B (£ (€N B (SLLIA (9161 B (919N §Z§a§w§ (Granweiorn Genmws Oy L0We LD

IL"OId

(zr'sn e (e e (LW

2001

Page 5 of 62



US 8,269,523 B2

Sheet 4 of 39

2012

Sep. 18,

U.S. Patent

! ze leyooig | 8¢ ZZ0Ig | ZL L1 Y0|g
| n | |
| B W W
| ! | |
! Nm._o_wmm.__m ! wm._o.wm_m.__m z110 3 21|
Wg v PN l ﬁﬂn m S v € D¢ m © i
” ) PEY ~» | > o
! o%Lel) | ziogczy - WHiosww| 0 \ ?ummwcu_

(9'2) N B (09'L) TN

~
Y

(0z'9) W B (PZ' L)W

“““““““““““ sgro®sey ¢ “eiowselwy - 7 7610960

| =
! ¥ € v_oo_m_m
! |
! |
! |
! |
! |
! |
| W
¥210 8 vl 810 2 81l ! #1078 _w.__ﬁ
“» “ )
S 14 € 4 3 s !
14 Loy .\,- A\v | =P |
| 10%Ez1 1! — 108727 | £10 ¥ €|
\\\\\\\\\\\\\\\\\\\\\\\\\\ J B et ettt 1 £ ity
=44 a5 uhAres Wt =3 =T ——————————Rff——————~
2T L oolg Z 1 ooig |
| ! |
m (r'8)IN 2 (8Y" L)1 ') . ?/r,mj_\,_.ﬁot:_,__z \wm,_wﬁ§w€.:j§
L~ L - ~ AN |
| | trerm @ w ] !
| | ”
I
! 210 ® ¢zl 910 8 911 | cl10% N/.__”
- : 3 | S 3 - |
! |
=g < | —P |
i 1210 %1271 S10%ST | 110w L

ar “Old
adol

Page 6 of 62



US 8,269,523 B2

Sheet 5 of 39

2012

Sep. 18,

U.S. Patent

ZL L1 Yoolg

ﬁm 2N R (22N

q!
d,

I

I

I

!

Mwmﬂjs_ BHOTN |
! |
ce10o R Nm._:

I

I

I

!

I
| ! | I

! L W W
I ! ! I
I W ” ” I
W b s W
! | ! s ena g | W
| ! -] | I
| 8210 2 MN._: ” 4 9170 % m,_.._: m Y v clloxz N_..‘
[ : < !l I
gq%mrﬁu B8 e 888 ri:ﬂ ’ “ |
W = o | | ¢ W
! I " 1z10 .mNN._: | TR .mpmr.__, | 1o LI

,@N G¢ 39019 ,v_\ €l xoolg

S 14 € 4 l

BL10 .mmr.__

[ mN\._mU\.mmm.__ ,
—- e | — | —=

| ¥Z €2>oig m 0Z 61 >00ig | 8 L0019 1 ¥ €009
I Lo | | H i
| | | |
| oy s vz m ! m | (e s (g2 | | i
| — : Pl o i |
| = |
! (0r'2) TN 8 (Bre) m m | N !

| o/ |
W packizall ek Jualliy 810381 || 7108 711
. B i
” Do ¥ !
[ I h !
[ I h !

[ I |
, [ , | |

€710 .wm.__

(ry" N 8 (9€°2) TN

(9L TNE (77 )T 2N 8 (@ren
A s

910 B 911

CIRIK|

3001

Page 7 of 62



US 8,269,523 B2

Sheet 6 of 39

2012

Sep. 18,

U.S. Patent

Zg Leooig

ce10® Nm.__

0€10 ® om.__

(09°9) I B (pr'el N

~_f

44k NVN.__

o
< g

1210 371271

hl

92108 wN.__

0z 6} v_oo_m_m

(95°9)71 8 (ov'E) N

02108 0zl

,m_‘ 2104

(zg'9yn 2 (9E"e) TN

,
|
|
| s
ww:s_ % (eg'e) N
|
|
|
|

m_‘._o.m m_‘.__
14 Anv _.

110 % D‘.__

A1 O

|
|
|
I
I
|
WKN
|
I
I

Nw.__z.m (Zyelw

o B SN,@\L,E/
810 % .wn__

(zero B (L)

9103 91l

91 Gl ¥o0|g ||

ZL L1 oolg

|

|

|

|

I

I

m
Zi1o 2 ZLl
|
I

I

i

1

0 % LI

v € v_oo_mm

|
|
|
|
|
:&.w:_z 2 (8'€) N |
g |
,

v10% v.__,
= ,
4 I !
T
\\\\\\\\\\\\\\\\\\\\\\ €107 €T
1 390Id m
(0z'9 B (el m
9 5 (0N m
|
zlo® N.__,
© ,
4
I !
\\\\\\\\\\\\\\\\\\\\\\\\ 1108 11

Page 8 of 62



269,523 B2

9

US8

Sheet 7 of 39

2012

Sep. 18,

U.S. Patent

Zg Leoolg |

9l Gl yoo|g

I
|

I

I

I

|

I

W (ze'9) N 8 (ro'v) I
| .

I

|

|

|

|

[

I

I

|

S 14 € 4 L

lg10%" rm.__

T
|
I
I
|
ce10 8 Nm._:
I
|
|
I
I

0E Bz Y008

|
I
owmv.__z 2 (3CTHIN W

o5 e g (rz v IN

H T
|

| W

| pzen e (95N |

| ~/ |

| \ 8270 B 82711

|

v ”

|

|

gL10 % @__‘.__
g e 4 L 4 THL L
> 8 e
| NN._O by NN.__ SLTO®SLTI

(8z'e) W 2 (09PN

|
|
I
|
|
0£70 8 0€TI

E
I
|
|
I

62710 ,m mN._ I

55N R (02PN

[
|

[

i

|

[

|

21078 an_:
S

[

i

|

[

i

i

[ (0z'e)w B (5%

- loy'srn s (8'v)w
00

¥ € xoo_mm

(gl 8 (or'PIN

it

I
|
|
|
I
|
|
+10 2 11

|

- I
|
,

|
I
¥Z210 % ¥ 0270 % ON._: 870 % 811
.\' I
g v L g W
“ ”
” ’ £210 % €211 mr._O,mmr.__, N._Ovmwn__
12z 120019 8l Ll Xo0|d L
_ remzevm ”
~legsl s (r'y) m
‘SN B (7RI |
-~ I
8110 % w_‘._:
I
|
|
I
I

! N_.._O.mt..__

DL "Old

Page 9 of 62



US 8,269,523 B2

Sheet 8 of 39

Sep. 18, 2012

U.S. Patent

o e e fm—————— ———————— e —— L [T e~ T~ — - ——— o= —— o —n

8¢l /¢l Mdoig :vmr geLoolg <kl rrrxogm,éor Norxogm,m ¥9 €920/ 09 mmxogm”%v ¥ 39019 m 144 mvxogm,
, , | Il Il W ,

- Nﬁowmia: 0210 B 0¢1 i wfowvﬁt, Nfowmlt, Nﬁommﬁr i OwaoS:ﬁ vfomﬁﬁﬂﬁ,ia Q;omﬂlt
cprreedverrprdorerrredoovrpprdloeerreel ererred errseelierepret
EAS M% 221 181 Yoo o:-gum%&_mr@e'moﬁ%_@ 297 1o o 4 86725 DA o 6p Mmﬁv Las %%% i
| , a! [ | |

Do &ﬁo%wgaw 8L70 % 8L @Yowm:z i bfowoﬁ:m ¥e10 8 vl m:oww::m\ 91702 911l ofoaﬁuL
qiaz R IR R R d L Th AR AR R AR RS KA R,
0zl 6Ll Xooig | @S!m‘_uj_dm_ﬂ‘ ¥0l €01 %9019 I 001 66 X00[g] | agduolg ZS 1g%00|gii0F 6EX0Id T 9¢ GENV0I]
I | mﬁ ' W ,

i I 1 ' W |

9Z710 w@m.:t Ze710 % ZeTl o @._o.mm._f; alekcxall 9210 '8 92711 Ze108 ZEIL! | 103 91! #7108 711!
LREY E%mmﬁ % 33313333113 %@ﬁm m@ Al {1317y A 17717
gﬁwﬁ%% PILES 201" SL_%Q_% wmsv_omm_fm VG €S0 T 066k @.&@ BE/E Y_uwmmm 7EEEA0IE |
, , : I W W W

mmow?J: 0€10 3 0L, SOQS; Sowza, 82703 8¢1| Sowﬂz SOaLL

LPEFERY _L.%@ ek eerrertorrpeppdlererericerrrpet ceeregr} %fm regrd

e e

96 S6 0019 ¢6 16Xo0ig 08 62 xoow_m_ S S0 rA S v_oo_m: 8z /zo0|g 9L §LoIg | T LL¥olg
P R UR T S L ST R R %%%
1 | e Y Bl T
Rt SRULAR TR %% RUTURLL Rt
: 1 | mﬁ m
gD R R S LSO T A

e HI "D14

HoOlL

820 wmc.__i 0€710 8 0Ll €10 R 1Ll on_O.wc.__, 82710 2 8¢ Q€710 3 0TI 10 R &1l on_O.w@

PErrry e Ry r et e e s e eer ok rpr e pe v EER R EREERSER Y

Page 10 of 62



US 8,269,523 B2

Sheet 9 of 39

Sep. 18, 2012

U.S. Patent

N N 2L
9€'G) N 0Z'9) TN S9N

(g9 (19)IN (R €0 (29
o (€'9W
(€' ~
(€°G)N
N '

<§

Q (r'onn (72N (r'8)
~ \ i .
N ' \ » 210
(L's)sn i (L'9)sw v osw i H IS0
* []
A0 H o) IR\ el
Il ,qu | m \ ) : ; » 170
(GTARTY (o ﬂ (AT K W 8w ﬂ
AN e v o
‘éﬂ,mj 2N ‘/ﬁ.ﬁ:._s_/
i (€T ' (€2 €y +— I
(] 14 (]
('glsn | : s i LSl
= = <
(Z'eh (2w Z )N
: : : -— 11
% * 9
pi Lew g (LD zs um 1

1oL IT "OIA

Page 11 of 62



US 8,269,523 B2

Sheet 10 of 39

Sep. 18, 2012

U.S. Patent

¢ 1L20|d .
S ~ VL o~
9¢'9) N 0C'9) N 169N
(gesrm (everm G~ | (€] e
N (e'9) W
< N
(&I |-~ (g9
€9 N
. !
ﬁ
i
|
N ‘
FIN (O '8N
\ h
' \ \ » 210
[ L [
1] U
0
K [
.*ﬂ 9)IN 4 (AN L8N » L0
Gelsm & (L'2sn (L1 sw Lso%sLsI
‘ \dren 2n N
- —~
s (£ ' ahjs_, e +— 27l
: : :
L o = ¢
(z'e) Z'7) -
h €N m* TN m‘AN A LAl
pi (e ¢ (1L'I] zi o 1

r1°-9

rooi

Page 12 of 62



US 8,269,523 B2

Sheet 11 of 39

Sep. 18, 2012

U.S. Patent

|
|
| _
20
| ¢ Lol - " =
” 9€'S)IN 029N S9N
I
|
|
|
” Amm.mu.@ ar.g.@\ :EJ@ mm.b._s_ chw:sh\)
| - cgm
! ~(€'9) TN gIm -
I T
|
|
|
I
|
I oy
W e LA 0T ey
|
, ]
| ' ' h
| i (ZL'9)sI : i (z19sn | o (21dsn o
! Y ZoN T 4 : » 210
| h \A b LSO
| o
| , i (oS (1o)sw 1 s . R
W . am.ﬂjs_ )TN [ 9] - » 10
| [P Nal T Q.\le,_rd@> )(:w.:._s_
| — : ] AR X /2 =
7 < O «
! i (Z1'e)sm (L12sm | (L1 Vs — 1l
[ m (zemdl S|
| ]
| N—
| H ¢ c -
| : (L'e)sW mamQ ('2)sm — 17
[ H %
| : pi ('O 1
|
|

M1 O

Page 13 of 62



US 8,269,523 B2

Sheet 12 of 39

Sep. 18, 2012

U.S. Patent

E,mj@,‘_\

i
s
. \ » » 210
(1'9)s AT 1SO
.
:
] » » 110
\Ej : \r.wvé,_
.
.
o9 & 0w
SN ey
(W (2w : — 1l
. L
(L'PISN (12 0 (sw : XS]]
: : -—
9 ? —
gi (12 NL":}_\,_" 1

oo L DI

Page 14 of 62



US 8,269,523 B2

Sheet 13 of 39

Sep. 18, 2012

U.S. Patent

|
7 —_—
| Z 1 >ooig (exom
| N N SN
! eI QAR e
|
|
|
|
7 * g > .
| (cem, E0m ronn @)W
|
m L~ @\j_\,_ (oz'eh
| rom ('8N
| <4 €
I (eL9)In [ (con
ﬁ - &
|
|
TN N
W Q,mj\_\\,_/ (I ~~ w2 (a0
W &
| ] N
” " .
” [ Y (9w \ ) » 710
A (Z1'elsin (Z11)s . :
” (zpn
| H 4
[
” 4 [OERT » L0
7 .
; F LSO%8LSI
” oo (o (r'vn
[
! T I\
| SN — 27
. ]
, (L'e)sw (1'1)sw e
” |
(VA .
| P — 1
| * H
I Pzl L
| & b
[
[

11 "O1d
1001

Page 15 of 62



US 8,269,523 B2

Sheet 14 of 39

Sep. 18, 2012

U.S. Patent

Z LYoolg

(L'v)sSI

(L'g)sw

11001

(LS

1S0%LSI

v

I'TL "OId

[Aale]

170

4l

all

Page 16 of 62



US 8,269,523 B2

Sheet 15 of 39

Sep. 18, 2012

U.S. Patent

J

¢vooe

Z 1 Yo0|g

€V00e
o1 4 ) Z108 21
44— 10317
e
021 8 0L1

VIOl

108 ¢l
-

10 % LI

£VT OId

Z10 o=
170 =

LSO B LS|

N
\ 0Zl 8 0Ll

Lv00¢C

IVZ"OId

Page 17 of 62



US 8,269,523 B2

Sheet 16 of 39

Sep. 18, 2012

U.S. Patent

49002

~ N 7

2900¢

¥ € fo0ig
|
|
|
”
|
|

P10 8 ¥
2|

g

Y,
i s (81

ydac "Old

(FZn B (8°1)

Y102 ¥l

(Z'Vsw zso 8zl
clozell

-8z B (F

z10% 21l

(s 1so® I8l
I 1708 LI

BEANEICDN 4

~

oclL 0ZlL 8 0L}

adc 'O

v € H00|g

AN:mﬁﬁwowr@

(#1073 71

¢

l

-
o g

i<

N

\
1o ® el

N G i |

ATTWBIT T

¢/ [zomzl
. . >
g_e
“““““““““““ ¢ 110311l
(AEIOORT
¢d? "OIAd
£400¢
(82— (81—
10 4 / -
€S0 (TLsw zsl -
€10
o —(F' 1)
g0 150 HHsW 1S ﬁ”
H10 TN
\ o~ SNy R
Y 0¢1 okl
.
18002 147 "DIA

14l

Al

Page 18 of 62



US 8,269,523 B2

Sheet 17 of 39

Sep. 18, 2012

U.S. Patent

¢1000¢

110002

8'e)m e (9L

)

L'y e (oLl

8103881l
(F'2ISW (F'e)SN B (7' LIS ¥SO B ¥SI
10% 271
W (212N N\ " (9Lp) TN B (ZL )TN
910897l
(e'e)SN B (€' 1)SN €S0 B €SI
§1038 47
‘)IN B (8°2) TN
108 ¥1I
(z'2sn (z'e)sn B (2 LIS 2SO B 2SI e
o (ZLE) TN B ()N “\ (8'7)IN B (7' 1)
¢ pcrozz
(L'e)sw B (LS LSO % LS| 1
4—>p 0317
) R (AR BN EICRA 4
orL 0G1 B 0€l 0L 8011
L ]
410 49 ) K |
a10 Lp) TN QLe) N cxal (oL
SO (F'eISW (rosn (Vs [ #SI ﬂ”
210 ] L
L) L€ TN @I (1 1)
o10 4 €S0 (e'e)S (€IS (e"Vsw fs] H
S0 <@
(8N €N (82N GBI
710 =
¢80 (z'e)s (z2si (Vs zsl AAH
€10 €= <
F'e)n ‘€) TN — _(F'DIN (7N
[ LSO (1'e)s (1°Z)sW (LS [£S] H
170 TN o (L2 (1
/|\|/N\/\ /I\M/\ N~ N
0cl 0G1 orl o€l oLl

1107¢

o]k |

Al

2

ol

el

14l

€

[l

Ll

Page 19 of 62



US 8,269,523 B2

Sheet 18 of 39

Sep. 18, 2012

U.S. Patent

\\\\\\\\\\\\ Lmﬁmﬁs—uﬁmﬁﬁww ——————

'8 200i1g N v €>00l/g '8 200I1g

, ” 108 ¥ !

| | o

” RCoR % (917N | | > ”

| 7 810% 87| gr08e m

| - |

m z ..- o m € z L m

I 27082111 o
9 Go0|g Z Looig 9 Go0[d

|

|

”

|

N |
970 % 91l W

|

|

|

|

7m NM”LF

$10 8 GI!

i
|
i
|
|
i
|
| PN B LD
|
|
i
|
|
i
|

ez5002 €707 "O1d

z10% z7l [CIRZRTR aijwzy

€2000C
\\\\\\\\\\\\\\\\\\\\\\\\\\ S
, g8 />o0|g ! v € v_oo_mﬂ_
| |
,
! | |
(&AL | |
! 1 (Z2)s ,
| ~ mvm_\,_ 2 (b :m_\,_ §1SO B 618l A Vw_\,_ 3 (Z :w_\,_ zs032sl |
! “ ®10% 811 - / (v10 %R E,_
| W W
, o 4l
i % 1081 ! €10 3 €7
,\\U\\\\awﬁiwﬁﬂwmjé L@ﬂﬁéﬂwﬂjﬁ \\\\\\\\\ GEIWE(E %JJ_\,_\@ ﬁﬁﬁﬂ.rdj
19 GXo0I1g WN l ¥20I|d !
| | |
! | |
|
| | |
| «

(esn AT !
| Ammvm_\,_,m €'L)SW €80 B €SI | /t»mvms_w: LS LSO B LSI |
! / CaokEyy - ¢ @082
|
! € | g T“L z |
| A hbld Oy
I O _¢lo%ely Tl\nbo‘m LI

6'el N .m;,nm TN BN B (B DTN (erwe g InGwmnee (KW

1707 "OIA

Page 20 of 62



US 8,269,523 B2

Sheet 19 of 39

Sep. 18, 2012

U.S. Patent

9170

G110

170

€110

ZL10

L0

010

6710

8710

470

910

10

710

€10

Z10

110

Z6°0) N (ze'shn (ze'v) W N ﬁm,mj_\,_N (ze2)W (ze L
850 (g'9)sI (g'g)sN (8'c)sS (8 D)sw (8°1)s 8sl
(8z°9) N ‘SN (8221 N (871
480 (L'oIs (L'g)s ('e)si (£2)si (2 s | L8l -«
(¥Z'on 25N (AARL| (F2 1Ln
‘l
950 (9IS (o's)sn (9IS (9IS ” (9°L)sN sl -
(oz‘9)N (oZ's) N _(0Z'7 N 0Z'L) A
380 (g'9)sn (59N (g'e)sm (gD)sn b (ssm e &
< . -
91°9) TN (918N (912 QL L)
80 (r'o)sw (r'glsi (F'e)sw (F'2s (F LIS [ 7Sl ﬂ”
1°9) N LGN Lp) I L'e)IA [CINARTT N
€80 (€S G (€IS (€D (€ s | esl ”
(89N ‘5 BTN ‘)N (82w (8°V)
. ’ . \ . <+
¢80 (Z'9s (Z'9)si (Z'elsw (Zdsi » (Vs zsl -
(r'9w (£'S) 1IN G el Wb ArAR [ (7 1IN
1S0 (L°9)SW (L'9)S (L'els (L'2)SN b (LL)s | LSl H
(L' A:.mjs_ , (2R (e o (71N
N N N N
e Toh 091 051 0¥l 051 okl

Ldooe

1d< "Old

LTl

Sl

142l

Pl

[l

LI

oLl

3l

il

FAll

o7

el

14l

€l

2

L

Page 21 of 62



US 8,269,523 B2

Sheet 20 of 39

Sep. 18, 2012

U.S. Patent

¢aooc

(FZ's)IN B (2e2)

(8Z°9)IN ® (2€71L)IN

{ 91703 91l
(g'e)sn (8'7ISIN B (BTSN (8'g)s B (8°L)SI 850 % 88l 4 _ .
7)1 B (82°€) TN 2 IIN B (822N A\ |4 €9)TN B (8Z°L)TA
L7108 w1l
(z'e)sw (LIPS (£2ISW (2'g)sn B (L 1S £SO ® 1SI
gLo B Ll
e pzZ) W (029N B (F2°LAW
——pzozel
‘ (O'¥Is 8 (92)SW (9's)s B (9 LIS 950 % 93|
(9'e)sin t—Di03 17
92')TN 8 (0Z'2 N Z'ONIN B (0Z° 1)
——porozoL
(g'e)si (G'r)SIN B (GTISN (g'e)s B (5°L)SIN 35S0 2SS
44— s10%61
)
(g9 8 (912) (zLo) s (9L°1)
4 970% 91l
(F'elsin (F'rIsn B (12)SN (¥'g)s 8 (F'LISW 7SO B +SI
¢ / : < + —> oz
V'SHIN 8 (212N V8 IN B (2h )TN
) (eI s (£2) SIS (1) f poTon ol
£'e)s £'r)Sn B (TSN £'GISIN B (€ LIS £S0 B €SI
4 ) t—Ps03s
"IN B (8€) TN N eI (TN s (8°L)
¢ ) 108 ¥l
(Z'e)sw (Z' VIS B (Z2)SW (z'g)sw 8 (Z'L)SW 280 8 28I
V/i A\Y ¢ < 4 4 £10 8 €l
"P)IN B (FENTN 2L TN 8 (72N (8°9) TN 8 (71N
4 ) z10% 21
(1'e)sw (L'PISN B (L'2)SW (L'g)s e (L°LISW 1SO % LSl
4+——p 03170
LS B (L TP ACCATEICDPA ¢
oGl 09l Q OrL 041 B 0El 02l % 0LI

add O

Page 22 of 62



US 8,269,523 B2

Sheet 21 of 39

Sep. 18, 2012

U.S. Patent

€

, |
! 91 Gl 3O0| j ¢l :v_oo_m_
| |
| ] |
xm,m/vm_\,_ Hoe)sm !
I O\B'PSIN R (87)s h 6 iw_\,_ 2 (9'2)SW |
! O (g's)SWR (8'1)SW 8508 8SI 1! N 6 SIS (9°L)SIN 950398l |
i ; . ’ mr._o.mw:_f . crozeL
| o =3
| o |
! (z vl 2 tocern /) 6170 RS ! (lTr) W Bz e 2 ”ﬁ_‘._o 3Ll
i — L brarin eve s oz uwwwuuuuww@wﬁé@wmﬁ@@s& RALDA
er ¢l oo|g m - 600|g m
W W W
W | |
(s W W
I LS g (L2ISK W sm_\,_ 3 (SZ)SW W
P T (she(L)s £s0 8 28l ! . (s's)sn B (s')sW ¢SO B SSI |
! N ‘ #1708 p1I] . O 01108 o:,_
| | |
! “«— ! |
! =P - I
| (627N $ (ST N ¢’ Y2170 .wmr._r g 610 .wm._ I
“““““ seomTeTn oS ‘1ll‘lmwagﬁuaiawaéﬂai
P Sl e SR
1 8 /390|d ! ¥ € v_oo_m_,
W X |
W X !
H{r'gIsS H(zelsw !
AN @im_\,_iv ZISW | Niw_z 2 (Z'7)SW |
| / v_m SN B ?»:m_\,_ Sk . Am mvms_ B (s Nmo 8ZSl |
! (8102811 ! AN SackTall
N - | A
! - 1! |
| |
” ‘8° I - - -i |
> - I ) I
| (ErT NG (e m 770 vM:.__ [ W G E GeN 7 €10 -w«m.__,
uuuuuuuuu@@iﬁl@@F@S@BEE \\\\\\\\\\\ oA 2107 ST RS DT
9 G>90|d
Q,mvw_\,_

N Am,mvm_\,_ 3 Am.:ws_ €S0 % €8l
O (9107 @.__

g gy

< _§10 Vm mn__L

|
, |
| |
| |
! I
! I
| |
o (e'sn  (e'z)sn m
| |
! I
! I
| |
| |
! I
| |
| |
|

o BlezIN (59N B (6 DTN (grwelizinn (L'orm e (L1

£dc ‘O

Page 23 of 62



US 8,269,523 B2

Sheet 22 of 39

Sep. 18, 2012

U.S. Patent

¥l €1 xo0|g

‘\/,/\
(gz'Lw

(ze9) N 8

g /00|19 v g Ho0Ig
,
i
|
i
|
|
|

.v._O.w.v.__

9 goolg

| Z Loolg

vy

|
CARATEJCTRby Y
!

TN
I (7o) B (21N

i
|
|
|
(89N 2 (+* :a_z
~ |
e
(919N 8 (21" 1) W
|
|
|

¢10 .w N.__,

-&WWN :

170 vm _,.__,

"g10 %S

\ ydc ‘O

Page 24 of 62



US 8,269,523 B2

Sheet 23 of 39

Sep. 18, 2012

U.S. Patent

91761 ¥o0lg Z1 L1 %00|g

_(eg9m s (vzo

(r2'e)IN B (2e 2N
/

" o100 %Ll

5

"MIo %L

|
|
|
|
|
|
W
|
zLo2ZL
|
|
|
W
i
L

-

¥ e #0Ig

(a)'gl N 8 (82N

T

|
|
|
|
|
|
i
10 %3 ¥1I
>0
|
|
|
|

I
! |
! |
! |
! |
! I
I

| W
W N @\.m:_z B (912 W
I |
! I
! I
! I
! I
! I
! I
! I
I

v ¢ €
AIV 14 < |
. E10®ET)
\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ P T I
! IR i W
! ¥ W
W x |
| (gpre) s (e ” | ”
W =7 ! |
; I
W (W REIZW |
I o ) |
! 9108 9 1| \ ozl
I < S <y |
| ¥ € ! i v 4 € z |
| o oo 2

" g10% 5] "0 %1

cd<c O

Page 25 of 62



US 8,269,523 B2

Sheet 24 of 39

Sep. 18, 2012

U.S. Patent

9

00c

I
I
I
I
I
I
I
I
I
I
I
ZLIPIN B ( mumjs_ »
I
| LR U
I
I
I
I
I
I

| 91 G} >p0g] Ch LLoig
m or._owwr.__m Nr._o.mmj,_
| > | nd
I € 4 b I I
| o |
| mr._owmr.__, :._Oum_;._

L0 % v_H__

v e V_oo_mm

wN w TN B (ZL'EA

PN B (8'e)IN
¥10 %8 v.__

Y |
_ Ter08 e

{0z e (el

"Toe Ll

9d7< "OlA

Page 26 of 62



US 8,269,523 B2

Sheet 25 of 39

Sep. 18, 2012

U.S. Patent

|

I
S

(r9' 2N, (po'orn - (91 (v9'7) I} el (792N >
7 Y 5 / y P
(9L DS /7 (orosmn (oL'9)s , (917ISW (9L'eIsSW e (oL 1S alsl ﬂH
98l 59" TN (09T W (091N
(g2 (s1'9)sW (g1'gIsn H TR (s1e)sw (s127)sn (s1')sn sLsl ﬁ”
(95'8) TN, _(95°2) N _{9e )N flog2m (98I~
8270 { {
U ¥iso K (ridsn (v1o)SIW (rLsisw {rLMSW CRSE (r1'2)sW (rL'1)sn K pisI ﬁ”
1270 < ; ;
Legg) SN | (eqv)my /\ﬁm 2N 25" L) TN
%o £1s0 (€L°2)SW (€L'gls (g1°g)sSW (RIS (er'e)sn (eL2)sn ! (eLL)Sn €181 ﬁ“
5z10 < . <
o91e) TN (8v' 2~ eram - @GrUN -,
%210 7 / \
zL80 / (ZL2IsW (zL9)S ZL'gISW (2L pISW (z1'e)sw (ZL'2)sW (ZLLSW K zL8l ﬂ“
€210 .
{rv'shn (CII ~ o _(pr'ehn N [Ceaa]
zZ10 < ) P
U LLSO (L DS (L9 (L's)sw (LIPS (L'e)s (LLZsW (L' s LSl ﬁ”
1z10
(or'e) —(0r* /)N {ov'9)n —{or'e) N Lov'enn lovZw (ov' DI
az10 / /
u oS0 K ovasw IR V' orsn orrsw {oLe)sw (V2w (oL s ols|
6170
» {98°8) 1 £ )N {ocron _ (952 9e' LN
8o 680 (6"2)sW EIsn 4 (6'9)s (6'v)sW (6'e)sw I (B'Usw 631 ﬁ“
1110 < < . (ze'L)
Q)TN (ze'n- (gen—, (e’ (e —, ZE LT
010 €= Z€'8) N 4 2
850 (8°2) (8'9)si (g'g)sw (8'7)SiN (8'e)s (8'DsK @S 85l
S0 :
- Sar] Loz 0nn mww 2N (82°1) I
71710 ‘ .
IS0 (20 (£'9sW (L'g)sw (IS (ze)sn 2sn (£1sW 281 ﬁ“
€170
(re'8l N Wz )TN o
[{ye) )
9s0 K (oIS @'dsn (99)s {ovIsm (@'esI [CRARY COE
L1710
~foz'el W (o2 0z N
ovie (5'Dsi (c'o)sw (g'3)SI (s'sw (g'e)sw (2SN (gL sn ﬁ“
670 < :
Qren- (912 oz -,
810 /
U ¥SO K 2SN (¥'9) (r'g)sin (Frisn (r'e)si (rosw F'Isw S ﬂ“
210 :
18N (19 - (ZL9) Lrew ()2 (ZLL)
910 <4 P
u €S0 2SN (e'9sw (€'9)sW (7SN (e'g)s (e'Dsi (€'sw €Sl ﬁ”
$10
.__z 8" g9 {g'e) TN _fgznn V-,
¥10 /
¢80 (z: s Zosn (Za)sn Zrisn Ze)sw Z s (@ VsW zsl
€10
o (e (a0 / (r'orm PN /)@hmjz /)?.N:s_ —
o LSO (L (L'9)SW (L'g)s (Fr)sn I (edsw AL (L'ZIsW P (Usi LSl ﬁ”
Ho (8 () o Tom “ E\wé,_ e ?,sz. (PR
Nl S N 7 N —— e Nl e e —— N N e
¢l 061 081 0l1 091 st T ovl g} oLl
.
Ve "Old
v00¢

z€

e

oeTl

4l

8¢l

pxal

kAl

gell

v

€z

Al

24l

(Al

6111

1l

LK

il

S

vl

Il

[l

(2l

oLl

61l

Eeall

Fall

Eall

Eall

gl

Pl

[l

[l

Page 27 of 62



US 8,269,523 B2

Sheet 26 of 39

Sep. 18, 2012

U.S. Patent

~

(8r'9) TN ® (v0°€) T,
7

(98'2) TN B (19°2)

/

(09'8) N B (+9°L) A,

/ / ze108 zel
(9L's)si % (gL'e)sw (9L'9)s 8 (9L'Z)SI (91" 2)sW B (L' LIS also B alLsl
§ ¢ . ' 4 1703 1T
77 9 TN 8 (09°)TW 75" 2N 8 (09271 TN 4\ " (ro'g)IW 8 (09'L)IW
“ - o A . 1 €710 B 08Tl
(gr')sw (G1'g)si B (sL'elsw [CTRISTURATRAIS SL'SW R (5L°L)S SL80BGLSI
¢ > —Fsrosea
49N R (9570 (Z58)TIN 8 ij._
/ ——psTI08 8T
(rL IS (rL'e)SN 8 (FL'E)SW (7L'9ISI B (rL'2Isn (rL2)SW 8 (FL LIS 7ISO B FISI ¢ » .10 % 221
! ¥ N o) We g2, L —foc'elIN B (Z8' DN
. . : : % o108 92T
eL'Ysw (€L'gIsW B (eLeIsn (€L’ B (EL2)SW (gL' 2)SW B (€L S €1SO B ELSI
4—Pszon sz
y (ov2in 2 (av'2iw (rr'E) I 3 (o711
. { #2108 Tl
(ZL'vIsW (zi'elsm e (ZL'elsW [CARISTRT ARSI A\ ZLS0 B ZLS
£210%8 €27
\ 8v°8) TN 3 (7v L1 TN
.- X X% X fralel-ExAl
(LL'PISW (LL'g)s B (LI'E)SW Grasne (1S JRANZN_A (Unswe (LS LLSO B LLSI
VLM 1270 % 1271
» ¢
02108 021l
(oL'v)s (o1'g)si g (0L'e)sW (0L'9)sW 2 (CL'2)SW (or’Jsw s (oL sy 0LSO B 0LSI 61705 611
Al 4 N G'OITN 8 (9E°E) TN ¢ {pan e (9e72 4\ T tor'e)n e (e )N
8L10 8 8Ll
(e'rsn (s'e)sw e (6'e)s (6°9)SI 8 (6TISN (8'Dsin 8 (6" ISW 650 863
“va LLIO 8 LU
< 03 L4
7z 2 8 (Ze 20wl (gz°8) N B (28 L)AL,
/ / Eale-X-Th]
@psn (2'S)SW 8 (8'€)SIN (8°9)SIN B (8Z)ISW (8'Jsn e @ 1S 880 % 88l
- . —35¢ 4 S110 B 647l
» N AN CTASA I (A AR CIAART N _(z£'8TW B (8Z'L)IN
( 2'¢) 3 (2°9) ( \ (2°2) (v HezTh
(Zp)sW I'GISN B (2'E)SI 2'9)SIN 8 (2°27)SN 2SN (LIS | £S08 /S
y . ¢ » £ § . - < Peuozer
~(9g'e) TN B (P2 ¥ N €)W (Fe2) N (0T8N R (12 fr\,_ 0Bz
(o'P)SW (9'g)s ® (9IS (0'9)sIN 8 (9'27)SW (9'2)SIN B (9°L)S 9s0 298l ¢ O
(zg's) W B (02'v W gz /)TN 2 (0z'z) 7RV IN % (0Z°1L) TN
= & aL10 2 0Ll
(e'r)sn (gg)sn B (g'e)sw (5'9)S 8 (§Z)IS (g' s 2 (g's 380 %58l
4—) s10260
‘ [ P2RIE GF.N:& (zL8n® 635\5_
/ \\“ 8107297
'ysn (r'oswzresn (') 8 (P2IS ¥SO % ¥SI
S 7103 21
/« VSN (2H W
< 9710297l
(e'p)S (e°g)sI 8 (E'eIsn (£°g)S B (€IS (&' s B (€ 1SW €508 es
t 510857
‘SN B (87T y (rzigl W B () NBEDIN OB ELW |
{ 7108 71l
(Z'¥)SW (z'gls 2 (z'e)sn ('S 8 (TTISW (s (@ 1sW Zso s sl e
£ (') TNy \[02'9)TW B (el I (LW e DN T (g8l B (LT
zioz el
('rIsn 71 (L'g)sw 8 (L'elsW (L'Isn 8 (LIS (L'Ds e (L SW 1SO% ISl
u|ﬂ|J|ﬂ|J|w ﬂH" 1108 Ll
TSN S (F ) T VoI g (1°e N LI B (F )1
e N~ N e " N S
091 0.1 8 0S} 08l R 0%l 061 B 0€1 0ZL B 0L

a¢ O

g00¢€

Page 28 of 62



US 8,269,523 B2

Sheet 27 of 39

Sep. 18, 2012

U.S. Patent

| 2z 1z Hooig] 0¢ 61 %001g] ¥l €L o0|g m Zk L1oig
I | I I
(@SN B (6'1)SW I (g's)si 8 (8'P)SI ‘SIS B (S PISW H(7'S)SW 3 (IS |
] (6'9)s 3 (6 v P Aw,em_\,_ 2 (8'C)SN (5'0)SN B (G'E)SIN ] (F'o)SI B (Fe)sn |
v ,,/a wvw_\,_ 3 (6'27)SN v N8’ mvm_\,_ 3 (82)SW e mvms_ 7 (S'2)sn b/ NpeIs 8 (P2 |
N | [6)snB (6'LSW 6508 ESI | ) tms_ 2 (8')SW 850 3 8SI ) tws_ ®(sL)sw s§O%BSSl 1\ ? SN B (F'L)SN LSO B LS |
@102l | ’ 0210 2 021l ) / #1108 FLI] N ‘ zrozrzL
) I c “ I

m «> m > ! o Akv
! > | ¢ ! Alv Alv ,
CEowE Few ‘1270 %1271, EME @I C6L10 361 11| W . / EL10 BEL Tl 2108 LUl
Mm\m@@%mmwm@ \MW&EW@W@ \mm w@.&mmu@WL (g'g)Im (89 — (82N 81871 Amwﬁ_\,rﬁwgsrL legeeimin's e — 4G S S TN S B B ie \?@fﬁiiiﬁw?wj_z.w?,mvﬁ*#myiészL
\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ B i T A\
QN gz 00lg 8l Z1330|d E_\ Gl o0|d m 0l 620/d m
| I I I
| | |
8«.&@2 2 (0L'PISW (L's)sW 8 (L'r)s (9'S)SIN B (VIS H{&'S)S B (€'P)SI !
I ar@ms_ B (0L'e)sS | (£'o)sw e (L'elsw ) (9'ddsw 8 (9'E)sI 1| (e'9)sn B (e'e)sW [
v sr 8)SIN % (0L'Z)SIN / e wvm_\,_ 2 (L'2)SW 6 wvw_\,_ 3 (9'2)SN LNE wvm_\,_ » (' 2)Sh |
| ~a’ bw_\,_ g (oL’ :ms_ 01808 OISl | | r bms_ B (L'L)SW LSO B LSI Y\ 6 tm_\,_ 8 (9'L)sW 950 8 9SI ! A N 8 s (g')SW 1§03 1Sl |
N #2103 jcal ’ 81108 8Ll . ’ ©L108 9L | S 0110 ol_
} “ | “> | , Esd
SRR Alvx | I\, ! _ AA.Mvv ! ,
Jlovaws overw ) mN._o,me._L_, ¢ L1080 S0 85T (£ WS (€61 W 610 @9__

YA T ZIW S (O 2T ar,@._s_ FOUTIA SRS FTW 122 55_ BTN COWE (LW e v — art.__z TRV AT TR FE P — C WS T Am TR (ELTA
- T = - - T = - - | |
9z Gz>oid ze Lexolg | 9 §00Id | v €008
b | ,
. . | I I
L'GISN B (LL'PISW {r1'SISW 2 (1L rISW {5L'G)SW 8 (SL'PISI I (Z'5)SW 2 (2P !
(LLg)si B (LLE)S W {yL'o)sn B (pL'E)SIN i /r ‘9IS B (SL°g)SIN || Zoswx (Ze)sw !
(eS8 (L2 f PRSI (LIS \ (61BN B (GLZ)SIN LNE 8IS 8 (z'Z)S I
) A: tw_\,_ B(LLLISW LSO LISI | \pL ISR :: Hsw yls0s vish | h @ LS @ LSW SISO 2 SIS A N AN bms_ 3 (e :m_\,_ lsozlsl |
’ @N._o ki @W.: \ N mm._o (R4l N (910291 1 | A % {¥10% v.__,
¢ | m g v ,

|

ﬁrfs_w:vm:_z w ~GZ10 .mme.__ R :u rm._O e Er,mjs_ ; ! \/ (2 w:_zw (zermw x \ 10 ,m m.__,

_Ijzx»f P GEOTBC 2N — G Pt (ST S Gl b s (e ¢+9£f11+r2 SIS FIN I DTS (6 ZNA~ BTO SIS INA ~ ZSNAE @H1A ~ (Z20A 3 Z2IA (29 Tz _js_

,wN £220Ig 0c 6290i1g

,
|
m
ar SIS B (ZL VIS (€L'GISIN B (gL' PISW W
|
|
|
|

,

|

| |

‘SIS B (9L'VISI SIS B (L'P)SIN W

; N_ SN B (ZL'SISN v Qtems_ B (EL'SISN 9 ‘9IS 8 (9L'S)ISIN ! u :.ems_ B (L'e)SN !

[ eusisw g (zLz)s /o evslswg (eLzls (oL'BISIN B (9L'2)SI [ : wvms_ B (L'2)sh ,

(R AN_ HsnEzrsn glsoBels | 5 tm_\,_ 3 5 LIS €LSO % €S| GF tm_\,_ 2 (91°1)SIN 9480 8 9IS | A Lol r SW LSO B LSI |

wm._o Al 010 om._: (810%® w.__ L ; (z10RZ

. AR | | ad

, , il | , g ey

IIILEPILWSB‘E_‘ 4 11«mwﬁfgBfml‘%‘%‘mb_ S RGO eTIN_ T 1108 1)
2EUYIN VDTN R 1D U9 UL (ELSN R ELY TN (€1 EQ 2N 3 8 2 (gL v:s_ (9179 W R (oL TN (L )TN R LW QU8 TR (e TN LW R 9N LTW B (DT (Ll e (LU

¢ O
200¢

Page 29 of 62



US 8,269,523 B2

Sheet 28 of 39

2012

Sep. 18,

U.S. Patent

8z Zzooig

9Z Sz oolg

[k NN.__

(gg'el I 2 (2g° :S

92170 % @N.__

“““““““““ I 2k L1 ooig

¢l10 %8 N_\.__

\W,/
(o')W B (0¥ L)

{0z'91 N ® (42 1IN

ZE Leoolg

¥ £x00[g

ce10 8 Nm.__ viowe v.__

T
(©9'8) W B (oL TA ey s (81

"0 % LI

ac oM

Page 30 of 62



,269,523 B2

US8

Sheet 29 of 39

2012

Sep. 18,

U.S. Patent

\\\\\\\\\\\\\\\\\\ ZZ Lzyoig 0z eLoog

1€10 fﬁ_

z10%2zzZ1l 0z10 8 027l
S v ) >
Ld \\\, |
6110 w,m:_
¢ €2390|d S N\ m
g |
|
\, |
I
. ; |
(@7 ams lorm s e oy o3 i 2 (98°2) |
pz10 3 vgu (TSI 2110 3 gL 1i
) R !
S ¥ € L [
- > |
\\\\\\\\\\\\\\\\\\\\\\ €270 8 €211 v\\\\\\\\\\\\\\\\\\\\\mmmwwmws
@N@Nfgmﬁ Nmrmfgm
[ ,
[ |
[ |
[ |
[ I
|
N |
92103 921! | 210 3 287!|
a0 Oy
[ |
[ |
[ I
[ I
! I
I

8¢ /z>oold

(zg' )W 8 (092N

S

\ A€ D1

ZL L1 oog

|

|

|

|

|

|

|
z10 Bzl
el |
|

|

W

1

LLI0 g LUl
_

(ze' s ?/N.N W _2 2 {0z°7) W

I
|
|
|
|
I
I
I
I
i
oL1o 3 oLl

€10 .mm.__

... S70%sS1] \11‘11\111111@@@\&_
m:@mx&_m::::::::Jm - tewog
| ! |
| | W |
| ¥ |
| j |
m 970 3 91l ; ¥102 £
| i |
| 1 |
I

@ Ay %W G = (212708 (P2

OB (LI [alckxal

A\
!

110 .mv_‘._L

|
|
|
|
|
|
|
|
|
| (oL e
|
|
|
|
|
|
|
I
|

Page 31 of 62



US 8,269,523 B2

Sheet 30 of 39

Sep. 18, 2012

U.S. Patent

e ARTA L] AR ZL 1L oolg

|
|
I
|
I
|
|
¢c10 B ¢cl Nv._OwNv.:
> r = ”

< ,
1L10% :.__

o110 LTl
%¢”
Alv |

So?ﬂ_,

¥ € Yooig

9z S¢ v_oo_m_,

om F TN R (26°E)TIN QN.,E_\( 2 (@eN

! I
| I

| I

| I

| I

| I

2 | W

(9" 8 (8¥'EN ,K |
| I

| |

| I

| I

| I

| I

| I

i
I
I
I
I
|
9z10 % mW.E 2¢10 8 Z2el
P | ; N 1
I
I
I
I
|

$10%8 v.__

§Z10 .m,mw.__ 1£108" rm.__ \\\\\\\\\“\\mm_@\,wwm.__
B T | |

W

(rv' )W B (09°e) TN (ze’)W » (91'e) N (0Z°91 N B (el W
@ |-/ 7 |

I

I

I

|

fAaleh] N.__W

=2

t& i I : ﬁ ”

,

\\\\\\\\\\\\\\\\\\\\\\\\ 1108 L)

A€ “OIA
d00¢

Page 32 of 62



269,523 B2

9

Sheet 31 of 39 USS8

Sep. 18, 2012

U.S. Patent

I I 1 00[g ! ! -
L rems Ze Leooig) 0c 61 m ! vl €l A001g m Zl 11 >o0o1g
| |
1!
m {rzen s vy h
| I T N B e———— . ~ i
| owmj_\(iﬁié | !
| |
| ¥110°8 711l i 21103 ZLI
|
m 14 Alnv m ” S 14 € 4
| 17888 o -
| | | mr._O.wmr._ ; L0 % LTl
,\H\\H\\HHHHHHHHHHHHHHHHHHHHHHHHJ \\\\\\\\\\\\\\HHH\\HH\\HHHH\\HHHH\\HH\\H \\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ L ms T
17 €¢ v_oo_m_ |18l ZLYoolg W 9L Gl oolg 0L 639019
| esnas ey ! ! ! |
I |
m i m ~logern e s ! m ! m
I [ = : ;
” (eronw ey m ” KRG ! W ! W
m $2108 4271 | vw 81103 g1l | @F._o.mo:_: 04103 0L
; S 14 € 4 3 ﬁ”ﬁ m S 14 € 4 3 I m S 14 € 4 3 © m | o] 14 n 4 3 -
| - | 3 o 3 e 8°8 o
I gowe prosut rowe;, 0 610%6u
T T T T T T T T T T T T T T T = T T T ittt T T T T T T T T T T T T T T T T T T =
| eweten 9z Gz >olg | Z¢ Lepoig | 9 §X0Id I ¥ €%00Ig
[ L il I
I 1
m | m PRCE Ll | m W m
| + T
m | sgm ez m m . s B W ! " I
i 92108 9211| | Y ce10 8z m 910 8 91l ; ¥10 2 1l
“© L 3 ! !
P 1S I
I ) ! A =
W 5210 ,w 5z W W W i §10891 || €10 %€l
\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ P
,wN £Z3901d L |18 2300l g 1 ooIg
, (91'9) N 2 (95'P) N W W W W W
[ — , L 1
| F F |
| L L {ranwe o I _ m !
[ P A
m leg9mop oL | m N sm,mj_\;?ié | ! TY | !
” ] 82108 mm.__m | y 0€70 8 0ETI m | \A 8708 87l m ” 1072zl
o o )l <)
[ [ I
: -i-t o -: ﬁu. ’ I
“““““““““““ z Bouﬁﬂ_, T T e O Pl P
900¢

Page 33 of 62



US 8,269,523 B2

Sheet 32 of 39

Sep. 18, 2012

U.S. Patent

P ——— e e P e —— ——— — L ——— —

98 G8%001g] | ¥8 €800Ig || 8L L0018 | 9L G001 ﬂlmﬂww‘w_wa_@ ;lm‘mlrw‘w_wgmj 9% SyXoold | ¥ €¥¥00Id
W,‘ . @or Nﬁm W ., ozion oi_: i 0% S:Zi ZLi0 Rzl m Zz10 mmmé 0z _ovxoi_, v17I0 2 w:L 2lio mm;
QORI A STRATR T B2 T (RS T
88 /8 &) 1128 18%%01d 1108 6. w_dd_mli:wwlww\w_wd\_ml1 0565 i 0S mv I 8y LPXMO0Id | v LY HI0Id
W,i vw_om?.__m m 8L10% m: : E_o::rj 0170 wov.__ ¥Z10 M:P.__m . E._o,mw:_m 9170 % m:_m 0170 2 9.__
ga123a340 097342430373 23 3133413 %@wﬁ@ 2332343 R 43y I Tadx:
Wj\owlmww_\od_ij, 96 S6X001Q] ] 104690018 1 89 19 ¥oolg | 8G G¥d0ilg | ¥9 €9300I1d] 8€ LEX0l 1 9¢ GE v_,E_m_
m 9210 3 921 : 2€70 % 2¢1 : @._o,mm.__: ¥10 8 ¥ W o Faoy _owmﬂ_ﬁ So-mﬁ_m 108 7]
eyt ek er e e ekl oeerr et orrerroorerertienreryt
,mmF_ﬂ@J_oo_m |76 €6° cm J:?N\\_‘M #0Ig 199 GO00ld 109 65 29 193001|g i OV 6E€00|d 1 vE €EM0Id
m 8270 X ,wwﬁ_: 0g10 woz_: ﬂof:_; Sowzw m 827108 82| 0€710 .woS_” So,mﬁfm B ATl
reprpboerreeed oerrrertoerrerrtlevrsrel erirpel cerrepyiopkrey
! m L ZbL %o0i1g; | 911 “Gh v_oo_m_, ,o Ll 601 3901 ”, 801 Z0L X0 zz 1z w0 g 0z 61 %001g lew‘rlm‘ww_wd‘_mj,leﬂ‘wﬁw_dd_m_ﬂ
clo® chn m 027108 oo.__, | pLios vl ; zlio wNLr Zz108 Nu.: W 0210 3 0211 m vLI0 R S._r: ZLi0 B N(.__l

LEEREEYS

v
90150} %00/d

CEFEEEE TERE Mw@t y?@g

0cL eLlooId i wLl ELEA HZLL LELoo
, [ 1
[ I
I vN_Omer__” 8L70% mrn_ :

D R R AT

gdds ﬁe fm@wﬁ @E_ﬁg%ﬁ 34333

174 mw ,w_\ A 9L GLooId ol mv_uo_m_ W
, , Il |
I I Il I
I ,
Il

"ZZLTIZLM0[d 82 221 So0Ig (201 L0 YOOI 1 001 66 Xo0id

| | | f
| | | I
| | | 1
, | | 1
| | il
}

Srpped:

|
|
” 910 8 9L Y108 VL
|
I

erreprdorereest

|
|
” [42 _O .m Nm._
|
i

LEErY

%ﬁ

vl mn_‘v_oo_m_ :QN_‘ Gel Ao
:

g | ,._waﬂ\ €01 X00lg 1186 Z600id

86 16 3dvld

I
|
wN g1e] ﬂ wc.__j 0€710 8 0% m._Ovmm.__

T I AT T AT T

Leekrped PvrrEeed v Frerd PEVEPE
T 9¢ qefood ﬂlm‘m“ww‘v_o m W oold ‘: I 2 fo_m_m
9Z710 8 92711 W, Zeio % Nm._F m g10 R 91 : 1038 ,<._rm

L L LPEFEEY
correred erreEe erveerd eerepyd

'8 24001d ¢ 100Ig
1

|
|
| |
I €10 B 1Ll Z1031y

s

Ia« HE "O1d

CEFEERS PR St R eEy Sk b rpyd

Page 34 of 62



US 8,269,523 B2

Sheet 33 of 39

Sep. 18, 2012

U.S. Patent

81 /1 Yooig W 9l GLooig| 0L 6300/g g /o0|g

|

I

(6'5)s 3 (6'H)SI G SIS B (SHISI
(g @vws_ B (g'2Is

m wvws_ 2 (5°Z)SW

% SIS B (1 7SN
1 (y'o)sin B (re)sw
? wvms_ B (F'2)SW

(8'9)SN » (8'7)SN
a_ews_ 2 (6'C)SIN \ (g'9)si = (g'e)SW

|

|

|

, |

| |

| b
m wvms_ 3 (6'2)SW A wvms_ B (2SI Ly
G tw_\,_ B(6L)SW 6508 6SI | [ ~[glsnB(gisn 8s038SI | |

| |

| A |

| |

| |

| |

| |

| |

| |

| ) a tm_\,_ 2 (S'L)SW S50 B &SI (F2)SN B (+'1)SW LSO B LSI
| / . 81108 8Ll QL1108 9L ! ’ 0L10 8 611 ' (8108 8
_\\_ =
¥ " 1 ¥ 1
Eonzlsen ‘2110 32171 ’G110 251l x oW GO 0170 $611 0w

¢ ¢ ¢ ,,
b&ﬁs@ (v (DI 6) W (BN R (BN mEUEw @ EIN (@) 3t Lw&éﬁﬁwrﬁs_ J (9 NB YN (E)] im 2 (SRR (L)W FOIN B HDIN ('8 TIN B (1

, ow 61 X20|d m m ZL Ll Yoog 9 G Xo0|g
| |
gf SIS 3 (0L VIS m (2'9)sW B (L'vIsn m (9'5)SN B (9'F)S S'GISN B (S'V)SW
”/ Sr 9IS B (OL'EISIN o vam_\,_ (2'e)sI | V 6 9)SIN B (9'E)SIN ('9)SIN B (£'8)S
/ ar 8)SIN B (0L'Z)SIW NS mvms_ B (L'2)SI P/ N wvms_ 3 (9'2)S /ﬁm,wvws_ 2 (£'2)sW
| ol tws_ 3 (0L'L)SIN 0LSO B OLSI | A N ﬁ LISW R (LL)SW 2808 2SI || 6 2SN B (9°L)SW 950 R 9S| 8 tw_\,_ g (¢’ :ms_ 1SO B LS|
AN .. P 0z10 8 0271 | \, - P #1108 P17 | 7 rd o) zi (97038 @.__
| |
I I
| |
| |
I

u S_@mz 2 (SL'E)SW
LLBISW B (1 2SI 18IS B (7L '2ISW N1 @ms_ 2 (SL'2)SW

:r 2SR (1L :w_\,_ LLSO % LLSI ~ Ai 2)SIn g (PLILISW #1S0 8 im_, A GF 2SN B GF LIS SISO 8 §LSI
\ . €z10® NN.__ b . 82708 mﬁ_ \ . ~ p 0e10% oﬁ_

AN 9)ISI B (Z'€ISN

z aw_\,_ » (Z'2)SW
a tm_\,_ 2 (2 :ms_ _mo 2 1Sl

m c )
4 1
! 3°8 | ] 8 88 e , \
W S lavens loverm ) 76110 um m_‘.__, Jows zerw ) ello m_‘._L_, (9N v rvw S0 9 Sl
(T W F Oy (oL st_\waﬂmﬁs 4 YT deﬁmmﬂjéwddjzmdej_zAN TR DTN O'SIIN B (7)o LT B to°2 N e 8 TN g (o™ b T \\\\\,\7\\@ﬂ\\d\mwﬁ_\‘\w\ﬁmmﬁ_\,_\wm\mmum(wmwm\&@\
22 Leolg gz /gooolg OE 6209 ¥ £oolg
| |
| |
2 1'G)SW B (LL'PISW | c:_mvm_\,_ 2 (FL'PISN I (51'9)SI 2 (SL'PISIN g ‘G)SIN % (Z'H)SN
f SN B (LL'EISW | § 9)SIN B (FL'EISIN !
3 | |
|
|

=

,,,:v 9N B (LLE)TN —N._O Q E.: ArL ol B (b1 eI ¢ NN._O w NN.__ | > G m:_zﬁﬁ SR ¢ mm._o ,m mm.__ [ R A\v ‘ [sale R Zall
¢ W&Eww@@%ﬁ@wm@ﬁ@wg — g TAs &mgmmw@&@mm@mw@u@\@wm\@w&mmmm T OF LTI T u@@uw@g ~ETO W \w\mg fRCA Al AN | AN RRCACIA N R ACAID )
| | !
vz €2 00i1d - 9¢ geog | 2€ Lgoig ¢ L ooig
| | W
(ZL'SISW B (ZL'PISW | {eL'S)SI 8 (L P)SI | 6 ‘SIS 3 (9L 'vIS : SIS B (L'PIS
i(zL'9sn 2 (ZLE)SI | ) (€ras B (eL'e)sh ! ‘9)SIN B (91°E)S 1 9sm e (L 'gsw
[ zLBsn g (zL'Zsn L/ Nerg)s B (el zsi ! NCIR 8ISIN B (91 'Z)SI /: wvm_\,_ 3 (1'Z)SN
, \ Amttws_ 8 (Z1L)SW €}SO 21 | A 5 2SN B (ELLISW €10 B €LS] ~{9L" 2SN B (9L'L)S 9} SO B 9L N tms_ ki : r JSW 150 3 IS
\ . s em._o 3 vm._: \ - 2 92108 all - 2 ze10 8 Zel (2108 Z1
|
| | !
- I I I ” ﬁHVv
/ | Cleran s leren “6210 3521l : ) Ter0% e ¢ omElen T110% L
(zL'g e @1yl (21T R (212w 2NN B (2L VTN (BLe W B (BLPTN (BTN R (BLZIA (el Tu R (EL°L)TW (91°9TW B (9L T :: Jnelolg v Gre B EIDIN (LSIWBGEIN (1) Sw 12 :wé; LUIN

Vv "OId
oy

Page 35 of 62



269,523 B2

9

US8

Sheet 34 of 39

2012

Sep. 18,

U.S. Patent

9l Gl oolg 01~ 6 20Ig g /o0|g

8L ZLXo0ig |
|
| £10 3 811

8LT0 8 8Ll o_.._O_wm.__

“
<

110 BSLTl |

0Z 61 300ig vl €l xoig

(0v'g) T 2 (9g" 1IN

|
|
|
|
o~ ! .
< O g =
(ge'g)1A 8 (0 L)W | (8Z'81 N B (ZE' LN
,
,
,
,

10 3L

\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ - - T

0€ 6z ¥o0ig

¥ £>oolg

10 % w.__

€ Iexoig

[
95°9) N 3 (e PRy

~
/
(oo'8)l I ® (P9° LW

(el e (I

av "Old

Page 36 of 62



269,523 B2

9

Sheet 35 of 39 USS8

Sep. 18, 2012

,vN - €Zoig

i
|
|
| o
” (8p'8)IW 8 (OF' 1) TN
|
|
|
|

gl /1 o0ig|

8L10® wv.__

0z170 B 0TI

(ov'e) 8 (871N

\\\\\\\\\\\\\\\\\\ | ,
! 91 ﬂwvudm: W 0l 639019 || 8 Nv_oo_m_,
| D ! !
| [ b !
| [ b !
| [ b !
| [ b !
| [ b !
| [ i |
[ |
| 911078 911! | 0L10 B 611 || 810 3 81|
> | “ | ) |
E v £ L Il s v z L I W
o L |
] 2L 0110861l 1| !
\\\\\\\\\\\\\\\\\\\\\\\ S N S A S N | I | Sl
\\\\\\\\\\\\\\\\\\\\\\\\\ | o R P T T T
,3 ~g1oolg L] 300i1g ' !
I [
| | i |
W N | m
| (9781w B (02 LI T {270} IW B (42 L)W 1 |
| lozern s @z 1m i ~ H [
! 7110 B 1) PN 2110221711 | o1l
« | ,
g v € z L - v £ z ! ! q
I |
=P © [ I
i €110 9Ll | LLIO 8L !

(zg'®) I ® AS,:JS_

(ZL'9) W 2

0€70 3 0Tl #10 B ¥l
>

" €70 v%m“.__

D' IN B ﬁm W

U.S. Patent

210 B 72l 9z10 % @N._: broe) i s (o5 TN
- Ar\v W
S 4 ! o !
g ) [
oo sziogezu L T mﬂb‘mmﬁ‘:
L ]
Pl oF DI
J00F

Page 37 of 62



US 8,269,523 B2

Sheet 36 of 39

Sep. 18, 2012

U.S. Patent

|
| 8L 2100 | 91 giopoig | 0L 600ig || 8 Looig
I [ W |
” B m ! ﬁ
| |
| P i i i~ (ze 8y s (o1 1) m
! Do ! @it s (e B ,
| |
| L 910% QN | 0110 B 67 | 8103 811]
| | Lo e E . AR IR ﬁu |
! I I
| W o o | > |
! SLT0 RS | VIO B 6Tl || " 103 271
STCCTTITTTTIITTTIIIITICCIIITTT T ) HHIHHHHHHHHHHHHHHMHHHHHHHHHHHH,
2l 113009 119 Gd0/g !
T s T |
| i W
(oc'enIN B (25 D ” | ” |
! i ~ 979N B (211N |
! ﬁ,;@._ziww.:.__\,_ ~ m
71103 %1l W N:owm:_; Sowmi
«<> =2
4 L M n z L m Ls 4 m
5 ¢ =P !
e Y L2 ~2:5-1% S Neruwy o T T T E \._w\.w\m.:,
- = T T T T T T N\ | T T T T T T T T T T T T T T T T — |
87 /z00ig | I ¥ €>o0lg
” t |
| (8'8)m e ()2’ LN W
N 09°8) TN % (" )T | i | N W
778N B (09" :J_z | | Y ”
| !
8270 8 871l W 0€70 B 0€1 ¥10 % w._:
= I 4 \ |
S ¥ ! ﬁ” | o v g z 1 ﬁu N\e v P €
‘ W W +
W yralok:pral [ @N\._muw.w\@w\._w |
&N gz ooig mwml_‘m 39019
, |
| |
| |
| |
W |
| "SI B (35 LN [
Y%ﬁ% g ~ Pl
| 210 %8 vwn_: | 9270 % @N.__
L
S € [4 W !
\ , |
e Falek ixallN
aoorv

Page 38 of 62



US 8,269,523 B2

Sheet 37 of 39

Sep. 18, 2012

U.S. Patent

= | — |
| 8L~ 21001 | 91 Gixooid | 0L 6001 || 8 L>o0ig
| |
! P W i ' !
| [ [ b !
| [ [ & |
, N N ] ,
| | | |
! P D ! ,
! Lo mr._owm:.: ! 0L10 R 671 |! 810 %2 81,
| | 3 | “© | =3
W ! ! t Tuwm? L i v g z m
I W W T 4 ¢ _\w_ ¢ Yl
W , CTRTS) .mm_..__, | 01170 3 P 270 m,mn__,
\HHHHHHHHHHHHHHHHHHH, — A :
| g /@11 oig : 1975 x01g |
| | 7 I !
W W (0z'g) W 8 (25" 3 (91'8) W B (87°L) W Sre)IN B (9L 1) m W m
| | S d ) |
W W C W W RN (TAIN RIS W W W
99T B (e LW (09°8)TN 3 (821N log'a7In 2 (67 TN h !
I (ol b (87 m:s_wao 9L N w 1iji s (og: rj_z il |
1 -~ 7 02108 02T 143 r.__, o cl10 8 L 970 B 91
| 3 3 “ L 3
| S [ L W S € 4 ! 14 € 4 14 W
] =P A\vv = =P
i | 0 3L (e s ) =" 1110 81411/ , W S10%8 51l
Tttt S—————— S N 7/ FAF - =Gy WSl N ______ T TTTTTTTTTTT
\\\\\\\\\\\\\\\\\\\\\\\\\\\\\\ o - _ — [ | i e R
m rA AR v_oo_m: m — “B¢ »o0ig ¥ ¥ € v_oo_m_,
| |
W ! ] ' !
I b i |
| I (0r'g)l IR (871 ” ! ”
I S -~y I I
| | | wor s (or i W W W
, 221082211 | X2 82| : Eo,ww.__ﬁ
[ Oy 1 <y |
] ¥ z ! i s € z ' s ¥ !
[ . |
' /210 % | W | 6210 .mmN.__ ! I €10% m.__,
A =
&N gz 0ig | 192 G2Ho |
i U
I [
| | |
| I !
I [ !
I [ !
| P W
W ack il 92103 L1
«© [
g 14 g z ! | m g ﬁ-% u " ! |
AJV\ [ |
AR A “eziowezn L T T ¢z10 8 521
L
CLANIE
ov

Page 39 of 62



US 8,269,523 B2

Sheet 38 of 39

, 2012

Sep. 18

U.S. Patent

ZZ Lz oolg |

~
or-—-
e

SIS B (6'VISIN
6 em_\,_ 2 (6'¢)SIN
m wvws_ 2 (BZ)SW
a tw_z % (6°L)SW 6S0 2 63
’ @lozszzl

14 _.N._O kX _‘N.__
;ES&EE@ gmbswbﬁz_z (') R (6° EsrL

vZ €209

|
Q9IS 3 (0L PISW
: (01°9)sW 8 (0L'E)SI
oo Sr 9)SIN 3 (0L °2)SW
A o’ Dsws (01"l 0150 B 018!
#2108 ¥21I

O ororns orerw) '€210% mm.__,
oF giﬁq&ji@uié@g@é aagé.ﬁqijz

fmw_zﬁ:sws_

i:ovm_\,_i:ems_

! (LIS B (LL 2SN

C \ :r tms_.i: LS kLSO B LLSI
) 9210 % 911

¢ AN A

i e (el ) VmN._Oume.__ |
?mrzw)fi%riwmﬁii&ri i#%ﬁﬁi‘wri

,wN Lz oolg

,
I
F1')SN 2 (ZL'P)SI
; (zL9)sN B (zL'E)SI
I

! ANP mvm_\,_ 2 (ZL'2)S
ANP 2SN B (ZL'L)S g1So B ZLSI
’ @ﬂo kXAl

,\\\\m@\e\& w@@._\s_\rwwww ; \N\Nuow.w\nwwu_
(2Le) M B LI (ZH2TNB VDTN (ZL'e e (21N

Lo00¥

\\\\\\\\\\\\\\\\\\ 0Z 61 %0019 |

,
|
(g's)si 8 (8'F)SIN W
' (g'9)sIN 8 (8'E)SI !
/N (5'8)sn 3 (F2)S i
_ \ 6 tm_z 2 (g'l)sSW 8502 8Sl |
\ N 4 ©z10 % 027,
|

|

|

|

|

A,M\va.__\,_,mﬁma.__\,_ N x mv._O uMjm;_‘.__
(8917 8 (@A — (82N 182 ('8l IR (g L)AL L

8L /L >o0ig

|
m

I
(2'5)SN B (LIS !
| r_@vm_\,_ B (£'€)SIN |
/[ \reisw s asw |
H : tw_\,_ ®{'Ysw 808181 |
; (81108 8L I

ad

|

|

O oW (e ) ROTRTR 3 21
WIWR QTN ﬁﬁjEdﬁdj_\aAHnﬂéﬁNﬁjﬁ\

gl Gl vBo_m_,

(#1'QISIN B (KL HISIN

| (9IS 3 (7L €IS

/ :; wvws_ 2 (r1L'Z)SN
§ tm_\,_ ®(pL'LISW ELSO® rISl|
9110 % o:_,

\ . ,\

REATE IR YGLI0 R SL

(c1'G)IS = (€L IS

Amr.@vws_ B (EL'CISH

/ 5 mvws_ 2 (eL'2)SN

5 2SR (ELLISN §1S0 B €IS
~ 0€10 % oﬁ_,

o
eL'en

\\\\\\\\\\ Jo <
(el B (ELWTIN ELATN R (ELDN 5 8N B (€L :5

0L 630019

i SISIN 8 (5'P)SI

1) (5'9)SIN B ('€)SW

Y B wvws_ 8 (52)SW

A, Am tms_ 2 (g :w_\,_ $S0 2 Sl
. 0110 2 61l

Q,,,,

? wvws_ 2 (F'2)SN
@ LS B (¥ :w_\,_ 10 2 ISl

m%g g

¢ o Elrew J y ZOW\Z_

? N T I — .w@ e +§rz¢+§jz

£'G)SN B (€'V)SIN
| (eS8 (c'e)s
/ Am wvws_ 3 (S'2)SW
8 tws_ B (€SN 1508 IS
¢ 970 8 mj

(g'9)sn 2 (9't)s

~(9 em_\,_ R (9°2)SN
W L d9')s g (of Lw_\,_ 980 38 oSl
u % L1082

m ISW 8 (9'F)SIN
,
,
11

i S

g
O @O (@ENA " ) S ¢ 6§10 xw\,\w.__L
Yosris ori — Aﬁjiaajs_ Aqa.zzi P T TEYWTETTW ~ GRS €DTW €W TELIR
iq_‘ “gloolg ¥ € %00
i
Am S 8 (SL'P)IS Z'SISN % (Z'F)ISN
,

v (Z'o)sn s (Z'e)sw
e wvws_ B (Z'Z)SW

AN tms_ 2 (21)SW 150 8 ISI

')
(51'0)SW 3 (5L IS

(g1 wvws_ B (SL'ZISW
/ Amr L)SIN B (SkLISWELSO B SIS
J F10% ¥i1

l

’ v._O,w.v

¢ oW e m._o.mm.__

?; 9N s .m e
(e s G b e 2w Grelwes Haw 6_ @ﬂ_\‘\ﬁﬁ FIA GEDIEEZNN TG INA ~ WA S RPIA _ Z2n e a AL LA

,Nm L€ X90I9

(1.'G)SIN B (L'¥)SN
W (L'9sn B (L'E)SW

/ : wvms_ 2 (L'2)S
A : tw_z B (1L :m_\,_ 1§08 IS|
\ / ¢ {zZlo®z

o1’ SIS B (9L'PISW

§ 9IS B (9L'EISW

/ § wvw_\,_ B (9L°2ISN

ar bm_\,_ B (9L'LISW mwwo B 9oLSI|
% ze10 B Zel

) S Gomsaen )
(oL'sNIN B (9L PN (91" R @L'Z)ITN (9L'8N TN B (9L :.S :mv._s_,m:j_z (12

TN BTN (eI e (LT

1DO% "Old

Page 40 of 62



US 8,269,523 B2

Sheet 39 of 39

Sep. 18, 2012

U.S. Patent

PVvs "OId

10 110

N Al
(z'odoa &l

\ (1°1)doa

YVv00S

(ay Jon1g)
VS "Old
210 L710

ERNIRAN
AN.NVNHWAW AW, el

VS O

31y J011g)
EVS DI
¢10 L10

IV00S

(1y J0114)
IVS "OId

¢10 110
(¢2)do 4 4(1°2)dO

@ :mm\ %:ao

Al
Al

Page 41 of 62



US 8,269,523 B2

1

VLSI LAYOUTS OF FULLY CONNECTED
GENERALIZED NETWORKS

CROSS REFERENCE TO RELATED
APPLICATIONS

This application is related to and claims priority of the PCT
Application Serial No. PCT/US08/64605 entitled “VLSI
LAYOUTS OF FULLY CONNECTED GENERALIZED
NETWORKS” by Venkat Konda assigned to the same
assignee as the current application, filed May 22, 2008, and
the U.S. Provisional Patent Application Ser. No. 60/940,394
entitled “VLSILAYOUTS OF FULLY CONNECTED GEN-
ERALIZED NETWORKS” by Venkat Konda assigned to the
same assignee as the current application, filed May 25, 2007.

This application is related to and incorporates by reference
in its entirety the U.S. application Ser. No. 12/530,207
entitled “FULLY CONNECTED GENERALIZED MULTI-
STAGE NETWORKS” by Venkat Konda assigned to the
same assignee as the current application, filed Sep. 6, 2009,
the PCT Application Serial No. PCT/US08/56064 entitled
“FULLY CONNECTED GENERALIZED MULTI-STAGE
NETWORKS” by Venkat Konda assigned to the same
assignee as the current application, filed Mar. 6, 2008, the
U.S. Provisional Patent Application Ser. No. 60/905,526
entitled “LARGE SCALE CROSSPOINT REDUCTION
WITH NONBLOCKING UNICAST & MULTICAST IN
ARBITRARILY LARGE MULTI-STAGE NETWORKS”
by Venkat Konda assigned to the same assignee as the current
application, filed Mar. 6, 2007, and the U.S. Provisional
Patent Application Ser. No. 60/940,383 entitled “FULLY
CONNECTED GENERALIZED MULTI-STAGE NET-
WORKS” by Venkat Konda assigned to the same assignee as
the current application, filed May 25, 2007.

This application is related to and incorporates by reference
in its entirety the U.S. patent application Ser. No. 12/601,273
entitled “FULLY CONNECTED GENERALIZED BUT-
TERFLY FAT TREE NETWORKS” by Venkat Konda
assigned to the same assignee as the current application filed
concurrently, the PCT Application Serial No. PCT/US08/
64603 entitled “FULLY CONNECTED GENERALIZED
BUTTERFLY FAT TREE NETWORKS” by Venkat Konda
assigned to the same assignee as the current application, filed
May 22, 2008, the U.S. Provisional Patent Application Ser.
No. 60/940, 387 entitled “FULLY CONNECTED GENER-
ALIZED BUTTERFLY FAT TREE NETWORKS” by Ven-
kat Konda assigned to the same assignee as the current appli-
cation, filed May 25, 2007, and the U.S. Provisional Patent
Application Ser. No. 60/940, 390 entitled “FULLY CON-
NECTED GENERALIZED MULTI-LINK BUTTERFLY
FAT TREE NETWORKS” by Venkat Konda assigned to the
same assignee as the current application, filed May 25, 2007.

This application is related to and incorporates by reference
in its entirety the U.S. patent application Ser. No. 12/601,274
entitled “FULLY CONNECTED GENERALIZED MULTI-
LINK MULTI-STAGE NETWORKS” by Venkat Konda
assigned to the same assignee as the current application filed
concurrently, the PCT Application Serial No. PCT/US08/
64604 entitled “FULLY CONNECTED GENERALIZED
MULTI-LINK MULTI-STAGE NETWORKS” by Venkat
Konda assigned to the same assignee as the current applica-
tion, filed May 22, 2008, the U.S. Provisional Patent Appli-
cation Ser. No. 60/940, 389 entitled “FULLY CONNECTED
GENERALIZED REARRANGEABLY NONBLOCKING
MULTI-LINK MULTI-STAGE NETWORKS” by Venkat
Konda assigned to the same assignee as the current applica-
tion, filed May 25, 2007, the U.S. Provisional Patent Appli-
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cation Ser. No. 60/940, 391 entitled “FULLY CONNECTED
GENERALIZED FOLDED MULTI-STAGE NETWORKS”
by Venkat Konda assigned to the same assignee as the current
application, filed May 25, 2007 and the U.S. Provisional
Patent Application Ser. No. 60/940,392 entitled “FULLY
CONNECTED GENERALIZED STRICTLY NON-
BLOCKING MULTI-LINK MULTI-STAGE NETWORKS”
by Venkat Konda assigned to the same assignee as the current
application, filed May 25, 2007.

This application is related to and incorporates by reference
in its entirety the U.S. Provisional Patent Application Ser. No.
61/252, 603 entitled “VLSI LAYOUTS OF FULLY CON-
NECTED NETWORKS WITH LOCALITY EXPLOITA-
TION” by Venkat Konda assigned to the same assignee as the
current application, filed Oct. 16, 2009.

This application is related to and incorporates by reference
in its entirety the U.S. Provisional Patent Application Ser. No.
61/252, 609 entitled “VLSI LAYOUTS OF FULLY CON-
NECTED GENERALIZED AND PYRAMID NET-
WORKS” by Venkat Konda assigned to the same assignee as
the current application, filed Oct. 16, 2009.

BACKGROUND OF INVENTION

Multi-stage interconnection networks such as Benes net-
works and butterfly fat tree networks are widely useful in
telecommunications, parallel and distributed computing.
However VLSI layouts, known in the prior art, of these inter-
connection networks in an integrated circuit are inefficient
and complicated.

Other multi-stage interconnection networks including but-
terfly fat tree networks, Banyan networks, Batcher-Banyan
networks, Baseline networks, Delta networks, Omega net-
works and Flip networks have been widely studied particu-
larly for self routing packet switching applications. Also
Benes Networks with radix of two have been widely studied
and it is known that Benes Networks of radix two are shown
to be built with back to back baseline networks which are
rearrangeably nonblocking for unicast connections.

The most commonly used VLSI layout in an integrated
circuit is based on a two-dimensional grid model comprising
only horizontal and vertical tracks. An intuitive interconnec-
tion network that utilizes two-dimensional grid model is 2D
Mesh Network and its variations such as segmented mesh
networks. Hence routing networks used in VLSI layouts are
typically 2D mesh networks and its variations. However
Mesh Networks require large scale cross points typically with
a growth rate of O(N?) where N is the number of computing
elements, ports, or logic elements depending on the applica-
tion.

Multi-stage interconnection with a growth rate of O(Nxlog
N) requires significantly small number of cross points. U.S.
Pat. No. 6,185,220 entitled “Grid Layouts of Switching and
Sorting Networks” granted to Muthukrishnan et al. describes
a VLSI layout using existing VL.SI grid model for Benes and
Butterfly networks. U.S. Pat. No. 6,940,308 entitled “Inter-
connection Network for a Field Programmable Gate Array”
granted to Wong describes a VLSI layout where switches
belonging to lower stage of Benes Network are layed out
close to the logic cells and switches belonging to higher
stages are layed out towards the center of the layout.

Due to the inefficient and in some cases impractical VLSI
layout of Benes and butterfly fat tree networks on a semicon-
ductor chip, today mesh networks and segmented mesh net-
works are widely used in the practical applications such as
field programmable gate arrays (FPGAs), programmable
logic devices (PLDs), and parallel computing interconnects.
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The prior art VLSI layouts of Benes and butterfly fat tree
networks and VLSI layouts of mesh networks and segmented
mesh networks require large area to implement the switches
on the chip, large number of wires, longer wires, with
increased power consumption, increased latency of the sig-
nals which effect the maximum clock speed of operation.
Some networks may not even be implemented practically on
a chip due to the lack of efficient layouts.

SUMMARY OF INVENTION

When large scale sub-integrated circuit blocks with inlet
and outlet links are layed out in an integrated circuit device in
a two-dimensional grid arrangement, (for example in an
FPGA where the sub-integrated circuit blocks are Lookup
Tables) the most intuitive routing network is a network that
uses horizontal and vertical links only (the most often used
such a network is one of the variations of a 2D Mesh network).
A direct embedding of a generalized multi-stage network on
to a 2D Mesh network is neither simple nor efficient.

In accordance with the invention, VLSI layouts of gener-
alized multi-stage networks for broadcast, unicast and multi-
cast connections are presented using only horizontal and ver-
tical links The VLSI layouts employ shuffle exchange links
where outlet links of cross links from switches in a stage in
one sub-integrated circuit block are connected to inlet links of
switches in the succeeding stage in another sub-integrated
circuit block so that said cross links are either vertical links or
horizontal and vice versa. In one embodiment the sub-inte-
grated circuit blocks are arranged in a hypercube arrangement
in a two-dimensional plane. The VLSI layouts exploit the
benefits of significantly lower cross points, lower signal
latency, lower power and full connectivity with significantly
fast compilation.

The VLSI layouts presented are applicable to generalized
multi-stage networks V(N,, N,, d, s), generalized folded
multi-stage networks V., (N, N,,, d, s), generalized butterfly
fat tree networks V,4(N,, N,, d, s), generalized multi-link
multi-stage networks V... (N, N,, d, s), generalized folded
multi-link multi-stage networks V¢, ......(N; . N, d, 5), gen-
eralized multi-link butterfly fat tree networks V,, ;.. (N1,
N, d, s), and generalized hypercube networks V,,_,,,.(N;, N,
d,s) fors=1, 2, 3 or any number in general. The embodiments
of VLSI layouts are useful in wide target applications such as
FPGAs, CPLDs, pSoCs, ASIC placement and route tools,
networking applications, parallel & distributed computing,
and reconfigurable computing.

BRIEF DESCRIPTION OF DRAWINGS

FIG. 1A is a diagram 100A of an exemplary symmetrical
multi-link multi-stage network V,;; (N, d, s) having
inverse Benes connection topology of nine stages with N=32,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention.

FIG. 1B is a diagram 100B of the equivalent symmetrical
folded multi-link multi-stage network V,,; (N, d, s) of
the network 100A shown in FIG. 1A, having inverse Benes
connection topology of five stages with N=32, d=2 and s=2,
strictly nonblocking network for unicast connections and
rearrangeably nonblocking network for arbitrary fan-out
multicast connections, in accordance with the invention.

FIG. 1C is adiagram 100C layout of the network V., .1
(N, d, s) shown in FIG. 1B, in one embodiment, illustrating
the connection links belonging with in each block only.
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FIG. 1D is a diagram 100D layout of the network
V otdmint®, d, s) shown in FIG. 1B, in one embodiment,
illustrating the connection links ML(1,i) for i=[1, 64] and
ML(8,1) for i=[1,64].

FIG. 1E is a diagram 100E layout of the network V ;.75
(N, d, s) shown in FIG. 1B, in one embodiment, illustrating
the connection links ML(2,1) for i=[1, 64] and ML(7.1) for
i=[1,64].

FIG. 1F is a diagram 100F layout of the network V., ...
(N, d, s) shown in FIG. 1B, in one embodiment, illustrating
the connection links ML(3,1) for i=[1, 64] and ML(6,1) for
i=[1,64].

FIG. 1G is a diagram 100G layout of the network
V otdmiint®, d, s) shown in FIG. 1B, in one embodiment,
illustrating the connection links ML(4,1) for i=[1, 64] and
ML(5,1) for i=[1,64].

FIG. 1H is a diagram 100H layout of a network V., .z
(N, d, s) where N=128, d=2, and s=2, in one embodiment,
illustrating the connection links belonging with in each block
only.

FIG. 11 is a diagram 1001 detailed connections of BLOCK
1_2 inthe network layout 100C in one embodiment, illustrat-
ing the connection links going in and coming out when the
layout 100C is implementing V(N, d, s) or V;(N, d, s).

FIG. 1] is a diagram 100] detailed connections of BLOCK
1_2 inthe network layout 100C in one embodiment, illustrat-
ing the connection links going in and coming out when the
layout 100C is implementing V(N, d, s) or V., (N, d, 5).

FIG. 1K is a diagram 100K detailed connections of
BLOCK 1_2 in the network layout 100C in one embodiment,
illustrating the connection links going in and coming out
when the layout 100C is implementing V(N, d, s) or V,, (N,
d, s).

FIG. 1K1 is a diagram 100M1 detailed connections of
BLOCK 1_2 in the network layout 100C in one embodiment,
illustrating the connection links going in and coming out
when the layout 100C is implementing V(N, d, s) or V,; (N,
d, s) for s=1.

FIG. 1L is adiagram 100L detailed connections of BLOCK
1_2 inthe network layout 100C in one embodiment, illustrat-
ing the connection links going in and coming out when the
layout 100C is implementing V(N, d, s) or V., (N, d, 5).

FIG. 111 is a diagram 100L1 detailed connections of
BLOCK 1_2 in the network layout 100C in one embodiment,
illustrating the connection links going in and coming out
when the layout 100C is implementing V(N, d, s) or V,; (N,
d, s) for s=1.

FIG.2Alis adiagram 200A1 of an exemplary symmetrical
multi-link multi-stage network V., .. (N, d, s) having
inverse Benes connection topology of one stage with N=2,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention. FIG. 2A2 is a diagram 200A2 of the equivalent
symmetrical folded multi-link multi-stage network V., .z
(N, d, s) of the network 200A1 shown in FIG. 2A1, having
inverse Benes connection topology of one stage with N=2,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention. FIG. 2A3 is a diagram 200A3 layout of the network
V porimiinaN, d, s) shown in FIG. 2A2, in one embodiment,
illustrating all the connection links.

FIG.2B1 is adiagram 200B1 of an exemplary symmetrical
multi-link multi-stage network Vi,.; ,.,:(N, d, s) having
inverse Benes connection topology of one stage with N=4,
d=2 and s=2, strictly nonblocking network for unicast con-
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nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention. FIG. 2B2 is a diagram 200B2 of the equivalent
symmetrical folded multi-link multi-stage network V., .z
(N, d, s) of the network 200B1 shown in FIG. 2B1, having
inverse Benes connection topology of one stage with N=4,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention. FIG. 2B3 is a diagram 200B3 layout of the network
Vot miimi®s s s) shown in FIG. 2B2, in one embodiment,
illustrating the connection links belonging with in each block
only. FIG. 2B4 is a diagram 200B4 layout of the network
Vot miimi®s s s) shown in FIG. 2B2, in one embodiment,
illustrating the connection links ML(1,i) for i=[1, 8] and
ML(2,i) for i=[1,8].

FIG. 2C11 is a diagram 200C11 of an exemplary sym-
metrical multi-link multi-stage network V,,; ,.,.(N, d, s)
having inverse Benes connection topology of one stage with
N=8, d=2 and s=2, strictly nonblocking network for unicast
connections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention. FIG. 2C12 is a diagram 200C12 of the equivalent
symmetrical folded multi-link multi-stage network Vi, .z
(N, d, s) of the network 200C11 shown in FIG. 2C11, having
inverse Benes connection topology of one stage with N=8,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention.

FIG. 2C21 is a diagram 200C21 layout of the network
V ot miimid®, d, 5) shown in FIG. 2C12, in one embodiment,
illustrating the connection links belonging with in each block
only. FIG. 2C22 is a diagram 200C22 layout of the network
V ot miinaN, d, 8) shown in FIG. 2C12, in one embodiment,
illustrating the connection links ML(1,i) for i=[1, 16] and
ML(4,1) for i=[1,16]. FIG. 2C23 is a diagram 200C23 layout
of the network V. ,7,4(N, d, ) shown in FIG. 2C12, in one
embodiment, illustrating the connection links MI(2,1) for
i=[1, 16] and ML(3,i) for i=[1,16].

FIG.2D1is adiagram 200D1 of an exemplary symmetrical
multi-link multi-stage network V,,; ,.,4(N, d, s) having
inverse Benes connection topology of one stage with N=16,
d=2 and s=2, strictly nonblocking network for unicast con-
nections and rearrangeably nonblocking network for arbi-
trary fan-out multicast connections, in accordance with the
invention.

FIG. 2D2 is a diagram 200D2 of the equivalent symmetri-
cal folded multi-link multi-stage network V. ,,,4(N, d, s)
of the network 200D1 shown in FIG. 2D1, having inverse
Benes connection topology of one stage with N=16, d=2 and
s=2, strictly nonblocking network for unicast connections
and rearrangeably nonblocking network for arbitrary fan-out
multicast connections, in accordance with the invention.

FIG. 2D3 is a diagram 200D3 layout of the network
V porimiinaN, 4, 8) shown in FIG. 2D2, in one embodiment,
illustrating the connection links belonging with in each block
only.

FIG. 2D4 is a diagram 200D4 layout of the network
V ot miint®, d; 8) shown in FIG. 2D2, in one embodiment,
illustrating the connection links ML(1,i) for i=[1, 32] and
ML(6,i) for i=[1,32].

FIG. 2D5 is a diagram 200D5 layout of the network
V ot miinaN, 4, 8) shown in FIG. 2D2, in one embodiment,
illustrating the connection links ML(2,i) for i=[1, 32] and
ML(5,i) for i=[1,32].
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FIG. 2D6 is a diagram 200D6 layout of the network
V ot miini®, d; 8) shown in FIG. 2D2, in one embodiment,
illustrating the connection links ML(3,i) for i=[1, 32] and
ML(4,1) for i=[1,32].

FIG. 3A is a diagram 300A of an exemplary symmetrical
multi-link multi-stage network V,_, ,.(N, d, s) having inverse
Benes connection topology of nine stages with N=32, d=2
and s=2, strictly nonblocking network for unicast connec-
tions and rearrangeably nonblocking network for arbitrary
fan-out multicast connections, in accordance with the inven-
tion.

FIG. 3B is a diagram 300B of the equivalent symmetrical
folded multi-link multi-stage network V,,_ . (N, d, s) of the
network 300A shown in FIG. 3A, having inverse Benes con-
nection topology of five stages with N=32, d=2 and s=2,
strictly nonblocking network for unicast connections and
rearrangeably nonblocking network for arbitrary fan-out
multicast connections, in accordance with the invention.

FIG. 3C is a diagram 300C layout of the network V.., (N,
d, s) shown in FIG. 3B, in one embodiment, illustrating the
connection links belonging with in each block only.

FIG.3Dis adiagram 100D layout of the network V..., (N,
d, s) shown in FIG. 3B, in one embodiment, illustrating the
connection links ML(1,1) for i=[1, 64] and ML(8,1) for i=[1,
64].

FIG. 3E is a diagram 300E layout of the network V.., ,.(N,
d, s) shown in FIG. 3B, in one embodiment, illustrating the
connection links ML(2,1) for i=[1, 64] and ML(7,1) for i=[1,
64].

FIG. 3F is a diagram 300F layout of the network V..., (N,
d, s) shown in FIG. 3B, in one embodiment, illustrating the
connection links ML(3,1) for i=[1, 64] and ML(6,1) for i=[1,
64].

FIG.3Gis adiagram 300G layout of the network V..., (N,
d, s) shown in FIG. 3B, in one embodiment, illustrating the
connection links ML(4,1) for i=[1, 64] and ML(5,1) for i=[1,
64].

FIG. 3H is a diagram 300H layout of a network V.., ,.(N,
d, s) where N=128, d=2, and s=2, in one embodiment, illus-
trating the connection links belonging with in each block
only.

FIG. 4A is a diagram 400A layout of the network
V oriminaN, d, ) shown in FIG. 1B, in one embodiment,
illustrating the connection links belonging with in each block
only.

FIG. 4B is a diagram 4008 layout of the network V., ;.71
(N, d, s) shown in FIG. 1B, in one embodiment, illustrating
the connection links ML(1,1) for i=[1, 64] and ML(8.1) for
i=[1,64].

FIG. 4C is a diagram 400C layout of the network V ;1 .75
(N, d, s) shown in FIG. 4C, in one embodiment, illustrating
the connection links ML(2,1) for i=[1, 64] and ML(7.1) for
i=[1,64].

FIG. 4D is a diagram 400D layout of the network
V oriminaN, d, ) shown in FIG. 4D, in one embodiment,
illustrating the connection links ML(3,i) for i=[1, 64] and
ML(6,1) for i=[1,64].

FIG. 4E is a diagram 400F layout of the network V., .75
(N, d, s) shown in FIG. 4E, in one embodiment, illustrating
the connection links ML(4,1) for i=[1, 64] and ML(5,1) for
i=[1,64].

FIG. 4C1 is a diagram 400C1 layout of the network
V otdmiint®, d, s) shown in FIG. 1B, in one embodiment,
illustrating the connection links belonging with in each block
only.

FIG. 5A1 is a diagram 500A1 of an exemplary prior art
implementation of a two by two switch; FIG. 5A2 is a dia-
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gram 500A2 for programmable integrated circuit prior art
implementation of the diagram 500A1 of FIG. 5A1; FIG.5A3
is a diagram 500A3 for one-time programmable integrated
circuit prior art implementation of the diagram 500A1 of F1G.
5A1; FIG. 5A4 is a diagram 500A4 for integrated circuit
placement and route implementation of the diagram 500A1 of
FIG. 5A1.

DETAILED DESCRIPTION OF THE INVENTION

The present invention is concerned with the VLSI layouts
of arbitrarily large switching networks for broadcast, unicast
and multicast connections. Particularly switching networks
considered in the current invention include: generalized
multi-stage networks V(N,, N,, d, s), generalized folded
multi-stage networks V., (N, N,, d, s), generalized butterfly
fat tree networks V,,(N,, N,, d, s), generalized multi-link
multi-stage networks V... (N, N,, d, s), generalized folded
multi-link multi-stage networks V¢, ......(N; . N, d, 5), gen-
eralized multi-link butterfly fat tree networks V.. (N1,
N,, d, s), and generalized hypercube networks V,,_,,,.(N;, N,
d, s) for s=1, 2, 3 or any number in general.

Efficient VLSI layout of networks on a semiconductor chip
are very important and greatly influence many important
design parameters such as the area taken up by the network on
the chip, total number of wires, length of the wires, latency of
the signals, capacitance and hence the maximum clock speed
of operation. Some networks may not even be implemented
practically on a chip due to the lack of efficient layouts. The
different varieties of multi-stage networks described above
have not been implemented previously on the semiconductor
chips efficiently. For example in Field Programmable Gate
Array (FPGA) designs, multi-stage networks described in the
current invention have not been successfully implemented
primarily due to the lack of efficient VLSI layouts. Current
commercial FPGA products such as Xilinx Vertex, Altera’s
Stratix implement island-style architecture using mesh and
segmented mesh routing interconnects using either full cross-
bars or sparse crossbars. These routing interconnects con-
sume large silicon area for crosspoints, long wires, large
signal propagation delay and hence consume lot of power.

The current invention discloses the VLSI layouts of numer-
ous types of multi-stage networks which are very efficient.
Moreover they can be embedded on to mesh and segmented
mesh routing interconnects of current commercial FPGA
products. The VLSI layouts disclosed in the current invention
are applicable to including the numerous generalized multi-
stage networks disclosed in the following patent applications,
filed concurrently:

1) Strictly and rearrangeably nonblocking for arbitrary
fan-out multicast and unicast for generalized multi-stage net-
works V(N,, N,, d, s) with numerous connection topologies
and the scheduling methods are described in detail in the PCT
Application Serial No. PCT/US08/56064 that is incorporated
by reference above.

2) Strictly and rearrangeably nonblocking for arbitrary
fan-out multicast and unicast for generalized butterfly fat tree
networks V, (N, N, d, s) with numerous connection topolo-
gies and the scheduling methods are described in detail in
PCT Application Serial No. PCT/US08/64603 that is incor-
porated by reference above.

3) Rearrangeably nonblocking for arbitrary fan-out multi-
cast and unicast, and strictly nonblocking for unicast for
generalized multi-link multi-stage networks V,,,,...(N;, N, d,
s) and generalized folded multi-link multi-stage networks
V ot miiniNy s No, d, 8) with numerous connection topologies
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and the scheduling methods are described in detail in PCT
Application Serial No. PCT/US08/64604 that is incorporated
by reference above.

4) Strictly and rearrangeably nonblocking for arbitrary
fan-out multicast and unicast for generalized multi-link but-
terfly fat tree networks V... 1, +(N,, N, d, ) with numerous
connection topologies and the scheduling methods are
described in detail in PCT Application Serial No. PCT/US08/
64603 that is incorporated by reference above.

5) Strictly and rearrangeably nonblocking for arbitrary
fan-out multicast and unicast for generalized folded multi-
stage networks V., (N, N,, d, s) with numerous connection
topologies and the scheduling methods are described in detail
in PCT Application Serial No. PCT/US08/64604 that is incor-
porated by reference above.

6) Strictly nonblocking for arbitrary fan-out multicast for
generalized multi-link multi-stage networks V,,,,,,,(N |, N, d,
s) and generalized folded multi-link multi-stage networks
V ot miiniNy s N, d, 8) with numerous connection topologies
and the scheduling methods are described in detail in PCT
Application Serial No. PCT/US08/64604 that is incorporated
by reference above.

7)VLSIlayouts of numerous types of multi-stage networks
with locality exploitation are described in U.S. Provisional
Patent Application Ser. No. 61/252,603 that is incorporated
by reference above.

8) VLSI layouts of numerous types of multistage pyramid
networks are described in U.S. Provisional Patent Applica-
tion Ser. No. 61/252,609 that is incorporated by reference
above.

In addition the layouts of the current invention are also
applicable to generalized multi-stage pyramid networks
V,(N,, N,, d, s), generalized folded multi-stage pyramid
networks V., (N, N5, d, s), generalized butterfly fat pyra-
mid networks V. (N, N, d, s), generalized multi-link multi-
stage pyramid networks V.., (N, N,, d, s), generalized
folded multi-link multi-stage pyramid networks V. iy
(N, N,, d, s), generalized multi-link butterfly fat pyramid
networks V... 55Ny, Ny, d, 5), and generalized hypercube
networks V., (N;, N,, d, s) for s=1, 2, 3 or any number in
general.

Symmetric RNB Generalized Multi-Link Multi-Stage Net-
work V... (N, N, d, s):

Referring to diagram 100A in FIG. 1A, in one embodi-
ment, an exemplary generalized multi-link multi-stage net-
work V,....(Ny, N,, d, s) where N,=N,=32; d=2; and s=2
with nine stages of one hundred and forty four switches for
satisfying communication requests, such as setting up a tele-
phone call or a data call, or a connection between config-
urable logic blocks, between an input stage 110 and output
stage 120 via middle stages 130, 140, 150, 160, 170, 180 and
190 is shown where input stage 110 consists of sixteen, two
by four switches IS1-IS16 and output stage 120 consists of
sixteen, four by two switches OS1-OS16. And all the middle
stages namely the middle stage 130 consists of sixteen, four
by four switches MS(1,1)-MS(1,16), middle stage 140 con-
sists of sixteen, four by four switches MS(2,1)-MS(2,16),
middle stage 150 consists of sixteen, four by four switches
MS(3,1)-MS(3,16), middle stage 160 consists of sixteen, four
by four switches MS(4,1)-MS(4,16), middle stage 170 con-
sists of sixteen, four by four switches MS(5,1)-MS(5,16),
middle stage 180 consists of sixteen, four by four switches
MS(6,1)-MS(6,16), and middle stage 190 consists of sixteen,
four by four switches MS(7,1)-MS(7,16).

As disclosed in PCT Application Serial No. PCT/US08/
64604 that is incorporated by reference above, such a network
can be operated in rearrangeably non-blocking manner for
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arbitrary fan-out multicast connections and also can be oper-
ated in strictly non-blocking manner for unicast connections.

In one embodiment of this network each of the input
switches [S1-1S4 and output switches OS1-OS4 are crossbar
switches. The number of switches of input stage 110 and of
output stage 120 can be denoted in general with the variable

N
7’

where N is the total number of inlet links or outlet links. The
number of middle switches in each middle stage is denoted by

N
7

The size of each input switch IS1-IS4 can be denoted in
general with the notation d*2d and each output switch OS1-
0S4 can be denoted in general with the notation 2d*d. Like-
wise, the size of each switch in any of the middle stages can
be denoted as 2d*2d. A switch as used herein can be either a
crossbar switch, or a network of switches each of which in
turn may be a crossbar switch or a network of switches. A
symmetric multi-stage network can be represented with the
notationV,,,,,..(N, d, s), where N represents the total number
of inlet links of all input switches (for example the links
1L.1-11.32), d represents the inlet links of each input switch or
outlet links of each output switch, and s is the ratio of number
of outgoing links from each input switch to the inlet links of
each input switch.
Each of the

N
d

input switches IS1-IS16 are connected to exactly d switches
in middle stage 130 through two links each for a total of 2xd
links (for example input switch IS1 is connected to middle
switch MS(1,1) through the links ML.(1,1), MI.(1,2), and also
connected to middle switch MS(1,2) through the links ML(1,
3)and ML(1,4)). The middle links which connect switches in
the same row in two successive middle stages are called
hereinafter straight middle links; and the middle links which
connect switches in different rows in two successive middle
stages are called hereinafter cross middle links. For example,
the middle links MI.(1,1) and ML(1,2) connect input switch
1S1 and middle switch MS(1,1), so middle links MI(1,1) and
ML(1,2) are straight middle links; where as the middle links
ML(1,3) and ML(1,4) connect input switch IS1 and middle
switch MS(1,2), since input switch IS1 and middle switch
MS(1,2) belong to two different rows in diagram 100A of
FIG. 1A, middle links ML(1,3) and MI(1,4) are cross middle
links.
Each of the

N
d

middle switches MS(1,1)-MS(1,16) in the middle stage 130
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML(1,1)

Page 46 of 62

10

15

35

40

45

60

10

and ML(1,2) are connected to the middle switch MS(1,1)
from input switch IS1, and the links ML(1,7) and ML(1,8) are
connected to the middle switch MS(1,1) from input switch
1S2) and also are connected to exactly d switches in middle
stage 140 through two links each for a total of 2xd links (for
example the links MI(2,1) and ML(2,2) are connected from
middle switch MS(1,1) to middle switch MS(2,1), and the
links ML(2,3) and ML(2,4) are connected from middle
switch MS(1,1) to middle switch MS(2,3)).

Each of the

=

middle switches MS(2,1)-MS(2,16) in the middle stage 140
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML.(2,1)
and ML(2,2) are connected to the middle switch MS(2,1)
from input switch MS(1,1), and the links ML(1,11) and
ML(1,12) are connected to the middle switch MS(2,1) from
input switch MS(1,3)) and also are connected to exactly d
switches in middle stage 150 through two links each for a total
of'2xd links (for example the links ML.(3,1) and ML.(3,2) are
connected from middle switch MS(2,1) to middle switch
MS(3,1), and the links MIL.(3,3) and ML(3,4) are connected
from middle switch MS(2,1) to middle switch MS(3,5)).

Each of the

=

middle switches MS(3,1)-MS(3,16) in the middle stage 150
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML.(3,1)
and ML(3,2) are connected to the middle switch MS(3,1)
from input switch MS(2,1), and the links ML(2,19) and
ML(2,20) are connected to the middle switch MS(3,1) from
input switch MS(2,5)) and also are connected to exactly d
switches in middle stage 160 through two links each for a total
of'2xd links (for example the links ML.(4,1) and M1.(4,2) are
connected from middle switch MS(3,1) to middle switch
MS(4,1), and the links MI1.(4,3) and MI.(4,4) are connected
from middle switch MS(3,1) to middle switch MS(4,9)).

Each of the

=

middle switches MS(4,1)-MS(4,16) in the middle stage 160
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML.(4,1)
and ML(4,2) are connected to the middle switch MS(4,1)
from input switch MS(3,1), and the links ML.(4,35) and
ML(4,36) are connected to the middle switch MS(4,1) from
input switch MS(3,9)) and also are connected to exactly d
switches in middle stage 170 through two links each for a total
of'2xd links (for example the links ML(5,1) and ML(5,2) are
connected from middle switch MS(4,1) to middle switch
MS(5,1), and the links MIL(5,3) and ML(5,4) are connected
from middle switch MS(4,1) to middle switch MS(5,9)).
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Each of the

N
d

middle switches MS(5,1)-MS(5,16) in the middle stage 170
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML(5,1)
and ML(5,2) are connected to the middle switch MS(5,1)
from input switch MS(4,1), and the links ML(5,35) and
ML(5,36) are connected to the middle switch MS(5,1) from
input switch MS(4,9)) and also are connected to exactly d
switches in middle stage 180 through two links each for a total
of'2xd links (for example the links ML.(6,1) and M1.(6,2) are
connected from middle switch MS(5,1) to middle switch
MS(6,1), and the links ML.(6,3) and MI.(6.4) are connected
from middle switch MS(5,1) to middle switch MS(6,5)).
Each of the

N
d

middle switches MS(6,1)-MS(6,16) in the middle stage 180
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML(6,1)
and ML(6,2) are connected to the middle switch MS(6,1)
from input switch MS(5,1), and the links ML(6,19) and
ML(6,20) are connected to the middle switch MS(6,1) from
input switch MS(5,5)) and also are connected to exactly d
switches in middle stage 190 through two links each for a total
of'2xd links (for example the links ML.(7,1) and MIL(7,2) are
connected from middle switch MS(6,1) to middle switch
MS(7,1), and the links ML(7,3) and ML(7.4) are connected
from middle switch MS(6,1) to middle switch MS(7,3)).
Each of the

N
d

middle switches MS(7,1)-MS(7,16) in the middle stage 190
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML(7,1)
and ML(7,2) are connected to the middle switch MS(7,1)
from input switch MS(6,1), and the links ML(7,11) and
ML(7,12) are connected to the middle switch MS(7,1) from
input switch MS(6,3)) and also are connected to exactly d
switches in middle stage 120 through two links each for a total
of'2xd links (for example the links ML.(8,1) and ML.(8,2) are
connected from middle switch MS(7.1) to middle switch
MS(8,1), and the links ML.(8,3) and MI.(8.4) are connected
from middle switch MS(7,1) to middle switch OS2).
Each of the

N
d

middle switches OS1-OS16 in the middle stage 120 are con-
nected from exactly d input switches through two links each
for a total of 2xd links (for example the links ML.(8,1) and
ML(8,2) are connected to the output switch OS1 from input
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switch MS(7.1), and the links M1.(8,7) and ML(7.8) are con-
nected to the output switch OS1 from input switch MS(7,2)).

Finally the connection topology of the network 100A
shown in FIG. 1A is known to be back to back inverse Benes
connection topology.

Referring to diagram 100B in FIG. 1B, is a folded version
of the multi-link multi-stage network 100A shown in FIG.
1A. The network 100B in FIG. 1B shows input stage 110 and
output stage 120 are placed together. That is input switch 1S1
and output switch OS1 are placed together, input switch IS2
and output switch OS2 are placed together, and similarly
input switch IS16 and output switch OS16 are placed
together. All the right going middle links (hereinafter “for-
ward connecting links”) {i.e., inlet links IL.1-11.32 and middle
links ML(1,1)-ML(1,64)} correspond to input switches I1S1-
1816, and all the left going middle links (hereinafter “back-
ward connecting links”) {i.e., middle links ML(8,1)-ML(8,
64) and outlet links OL1-OL32} correspond to output
switches OS1-OS16.

Middle stage 130 and middle stage 190 are placed together.
That is middle switches MS(1,1) and MS(7,1) are placed
together, middle switches MS(1,2) and MS(7,2) are placed
together, and similarly middle switches MS(1,16) and MS(7,
16) are placed together. All the right going middle links {i.e.,
middle links ML(1,1)-ML(1,64) and middle links ML(2,1)-
ML(2,64)} correspond to middle switches MS(1,1)-MS(1,
16), and all the left going middle links {i.e., middle links
ML(7,1)-ML(7,64) and middle links ML(8,1) and ML.(8,64)}
correspond to middle switches MS(7,1)-MS(7,16).

Middle stage 140 and middle stage 180 are placed together.
That is middle switches MS(2,1) and MS(6,1) are placed
together, middle switches MS(2,2) and MS(6,2) are placed
together, and similarly middle switches MS(2,16) and MS(6,
16) are placed together. All the right going middle links {i.e.,
middle links ML(2,1)-ML(2,64) and middle links ML(3,1)-
ML(3,64)} correspond to middle switches MS(2,1)-MS(2,
16), and all the left going middle links {i.e., middle links
ML(6,1)-ML(6,64) and middle links ML(7,1) and ML.(7,64)}
correspond to middle switches MS(6,1)-MS(6,16).

Middle stage 150 and middle stage 170 are placed together.
That is middle switches MS(3,1) and MS(5,1) are placed
together, middle switches MS(3,2) and MS(5,2) are placed
together, and similarly middle switches MS(3,16) and MS(5,
16) are placed together. All the right going middle links {i.e.,
middle links ML(3,1)-ML(3,64) and middle links ML(4,1)-
ML(4,64)} correspond to middle switches MS(3,1)-MS(3,
16), and all the left going middle links {i.e., middle links
ML(5,1)-ML(5,64) and middle links ML(6,1) and ML.(6,64)}
correspond to middle switches MS(5,1)-MS(5,16).

Middle stage 160 is placed alone. All the right going
middle links are the middle links ML.(4,1)-M1.(4,64) and all
the left going middle links are middle links ML(5,1)-ML(5,
64).

In one embodiment, in the network 100B of FIG. 1B, the
switches that are placed together are implemented as separate
switches then the network 100B is the generalized folded
multi-link multi-stage network V., ,,:,:(N, N>, d, s) where
N, =N,=32; d=2; and s=2 with nine stages as disclosed in PCT
Application Serial No. PCT/US08/64604 that is incorporated
by reference above. That is the switches that are placed
together in input stage 110 and output stage 120 are imple-
mented as a two by four switch and a four by two switch. For
example the switch input switch IS1 and output switch OS1
are placed together; so input switch IS1 is implemented as
two by four switch with the inlet links IL.1 and IL.2 being the
inputs of the input switch IS1 and middle links ML(1,1)-ML
(1,4) being the outputs of the input switch IS1; and output
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switch OS1 is implemented as four by two switch with the
middle links ML(8,1), ML(8,2), ML(8,7) and ML(8,8) being
the inputs of the output switch OS1 and outlet links OL.1-OL2
being the outputs of the output switch OS1. Similarly in this
embodiment of network 100B all the switches that are placed
together in each middle stage are implemented as separate
switches.

Hypercube Topology Layout Schemes:

Referring to layout 100C of FIG. 1C, in one embodiment,
there are sixteen blocks namely Block 1_2, Block 3_4, Block
5_6, Block 7_8, Block 9 10, Block 11_12, Block 13_14,
Block 15_16, Block 17_18, Block 19_20, Block 21_22,
Block 23_24, Block 25_26, Block 27_28, Block 29 30, and
Block 31_32. Each block implements all the switches in one
row of the network 100B of FIG. 1B, one of the key aspects of
the current invention. For example Block 1_2 implements the
input switch IS1, output Switch OS1, middle switch MS(1,1),
middle switch MS(7,1), middle switch MS(2,1), middle
switch MS(6,1), middle switch MS(3,1), middle switch
MS(5,1), and middle switch MS(4,1). For the simplification
of illustration, Input switch IS1 and output switch OS1
together are denoted as switch 1; Middle switch MS(1,1) and
middle switch MS(7,1) together are denoted by switch 2;
Middle switch MS(2,1) and middle switch MS(6,1) together
are denoted by switch 3; Middle switch MS(3,1) and middle
switch MS(5,1) together are denoted by switch 4; Middle
switch MS(4,1) is denoted by switch 5.

All the straight middle links are illustrated in layout 100C
of FIG. 1C. For example in Block 1_2, inlet links IL.1-11.2,
outlet links OL1-OL2, middle link ML(1,1), middle link
ML(1,2), middle link ML(8,1), middle link ML(8,2), middle
link ML(2,1), middle link ML(2,2), middle link ML(7,1),
middle link MI(7,2), middle link ML(3,1), middle link
ML.(3,2), middle link MIL(6,1), middle link ML(6,2), middle
link ML.(4,1), middle link ML(4,2), middle link ML(5,1) and
middle link ML(5,2) are illustrated in layout 100C of FIG.
1C.

Even though it is not illustrated in layout 100C of FIG. 1C,
in each block, in addition to the switches there may be Con-
figurable Logic Blocks (CLB) or any arbitrary digital circuit
(hereinafter “sub-integrated circuit block™) depending on the
applications in different embodiments. There are four quad-
rants in the layout 100C of FIG. 1C namely top-left, bottom-
left, top-right and bottom-right quadrants. Top-left quadrant
implements Block 1_2, Block 3_4, Block 5_6, and Block
7_8. Bottom-left quadrant implements Block 9_10, Block
11_12, Block 13_14, and Block 15_16. Top-right quadrant
implements Block 17_18, Block 19_20, Block 21_22, and
Block 23_24. Bottom-right quadrant implements Block
25_26, Block 27_28, Block 29_30, and Block 31_32. There
are two halves in layout 100C of FIG. 1C namely left-half and
right-half. Left-half consists of top-left and bottom-left quad-
rants. Right-half consists of top-right and bottom-right quad-
rants.

Recursively in each quadrant there are four sub-quadrants.
For example in top-left quadrant there are four sub-quadrants
namely top-left sub-quadrant, bottom-left sub-quadrant, top-
right sub-quadrant and bottom-right sub-quadrant. Top-left
sub-quadrant of top-left quadrant implements Block 1_2.
Bottom-left sub-quadrant of top-left quadrant implements
Block 3_4. Top-right sub-quadrant of top-left quadrant
implements Block 5_6. Finally bottom-right sub-quadrant of
top-left quadrant implements Block 7_8. Similarly there are
two sub-halves in each quadrant. For example in top-left
quadrant there are two sub-halves namely left-sub-half and
right-sub-half. Left-sub-half of top-left quadrant implements
Block 1_2 and Block 3_4. Right-sub-half of top-left quadrant
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implements Block 5_6 and Block 7_8. Finally applicant notes
that in each quadrant or half the blocks are arranged as a
general binary hypercube. Recursively in larger multi-stage
network Vo ;; .1,4(Ny, N, d, s) where N, =N,>32, the layout
in this embodiment in accordance with the current invention,
will be such that the super-quadrants will also be arranged in
d-ary hypercube manner. (In the embodiment of the layout
100C of FIG. 1C, it is binary hypercube manner since d=2, in
the network V., 1N, Ny, d, 5) 100B of FIG. 1B).

Layout 100D of FIG. 1D illustrates the inter-block links
between switches 1 and 2 of each block. For example middle
links ML(1,3), ML(1,4), ML(8,7), and ML(8,8) are con-
nected between switch 1 of Block 1_2 and switch 2 of Block
3_4. Similarly middle links ML.(1,7), ML(1,8), ML(8.3), and
ML(8,4) are connected between switch 2 of Block 1_2 and
switch 1 of Block 3_4. Applicant notes that the inter-block
links illustrated in layout 100D of FIG. 1D can be imple-
mented as vertical tracks in one embodiment. Also in one
embodiment inter-block links are implemented as two differ-
ent tracks (for example middle links ML(1,4) and ML(8,8)
are implemented as two different tracks); or in an alternative
embodiment inter-block links are implemented as a time divi-
sion multiplexed single track (for example middle links
ML(1,4) and ML(8,8) are implemented as a time division
multiplexed single track).

Layout 100E of FIG. 1E illustrates the inter-block links
between switches 2 and 3 of each block. For example middle
links ML(2,3), ML(2,4), ML(7,11), and ML(7,12) are con-
nected between switch 2 of Block 1_2 and switch 3 of Block
3_4. Similarly middle links ML(2,11), ML(2,12), ML(7,3),
and ML(7,4) are connected between switch 3 of Block 1_2
and switch 2 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 100E of FIG. 1E can be
implemented as horizontal tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
different tracks (for example middle links MI.(2,12) and
ML(7,4) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(2,12) and ML(7.,4) are implemented as a time divi-
sion multiplexed single track).

Layout 100F of FIG. 1F illustrates the inter-block links
between switches 3 and 4 of each block. For example middle
links ML.(3,3), ML(3.,4), ML(6,19), and ML(6,20) are con-
nected between switch 3 of Block 1_2 and switch 4 of Block
3_4. Similarly middle links ML(3,19), ML(3,20), ML(6,3),
and ML(6.4) are connected between switch 4 of Block 1_2
and switch 3 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 100F of FIG. 1F can be
implemented as vertical tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
different tracks (for example middle links MIL.(3,4) and
ML(6,20) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(3.,4) and ML(6,20) are implemented as a time divi-
sion multiplexed single track).

Layout 100G of FIG. 1G illustrates the inter-block links
between switches 4 and 5 of each block. For example middle
links ML.(4,3), ML(4,4), ML(5,35), and ML(5,36) are con-
nected between switch 4 of Block 1_2 and switch 5 of Block
3_4. Similarly middle links ML(4,35), ML(4,36), ML(5,3),
and ML(5,4) are connected between switch 5 of Block 1_2
and switch 4 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 100G of FIG. 1G can be
implemented as horizontal tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
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different tracks (for example middle links ML.(4,4) and
ML(5,36) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(4,4) and ML(5,36) are implemented as a time divi-
sion multiplexed single track).

The complete layout for the network 100B of FIG. 1B is
given by combining the links in layout diagrams of 100C,
100D, 100E, 100F, and 100G. Applicant notes that in the
layout 100C of F1G. 1C, the inter-block links between switch
1 and switch 2 of corresponding blocks are vertical tracks as
shown in layout 100D of FIG. 1D; the inter-block links
between switch 2 and switch 3 of corresponding blocks are
horizontal tracks as shown in layout 100E of FIG. 1E; the
inter-block links between switch 3 and switch 4 of corre-
sponding blocks are vertical tracks as shown in layout 100F of
FIG. 1F; and finally the inter-block links between switch 4
and switch 5 of corresponding blocks are horizontal tracks as
shown in layout 100G of FIG. 1G. The pattern is alternate
vertical tracks and horizontal tracks. It continues recursively
for larger networks of N>32 as will be illustrated later.

Some of the key aspects of the current invention are dis-
cussed. 1) All the switches in one row of the multi-stage
network 100B are implemented in a single block. 2) The
blocks are placed in such a way that all the inter-block links
are either horizontal tracks or vertical tracks; 3) Since all the
inter-block links are either horizontal or vertical tracks, all the
inter-block links can be mapped on to island-style architec-
tures in current commercial FPGA’s; 4) The length of the
longest wire is about half of the width (or length) of the
complete layout (For example middle link MI.(4.4) is about
half the width of the complete layout).

In accordance with the current invention, the layout 100C
in FIG. 1C can be recursively extended for any arbitrarily
large generalized folded multi-link multi-stage network
V oriminiNys Ny, d, s) the sub-quadrants, quadrants, and
super-quadrants are arranged in d-ary hypercube manner and
also the inter-blocks are accordingly connected in d-ary
hypercube topology. Even though all the embodiments in the
current invention are illustrated for N, =N, the embodiments
can be extended for N, =N,. Referring to layout 100H of FIG.
1H, illustrates the extension of layout 100C for the network
V orimini®Nys Noy d, s) where N,=N,=128; d=2; and s=2.
There are four super-quadrants in layout 100H namely top-
left super-quadrant, bottom-left super-quadrant, top-right
super-quadrant, bottom-right super-quadrant. Total number
of blocks in the layout 100H is sixty four. Top-left super-
quadrant implements the blocks from block 1_2 to block
31_32. Each block in all the super-quadrants has two more
switches namely switch 6 and switch 7 in addition to the
switches [1-5] illustrated in layout 100C of FIG. 1C. The
inter-block link connection topology is the exactly the same
between the switches 1 and 2; switches 2 and 3; switches 3
and 4; switches 4 and 5 as it is shown in the layouts of FIG.
1D, FIG. 1E, FIG. 1F, and FIG. 1G respectively.

Bottom-left super-quadrant implements the blocks from
block 33_34 to block 63_64. Top-right super-quadrant imple-
ments the blocks from block 65_66 to block 95 96. And
bottom-right super-quadrant implements the blocks from
block 97_98 to block 127_128. In all these three super-quad-
rants also, the inter-block link connection topology is the
exactly the same between the switches 1 and 2; switches 2 and
3; switches 3 and 4; switches 4 and 5 as that of the top-left
super-quadrant.

Recursively in accordance with the current invention, the
inter-block links connecting the switch 5 and switch 6 will be
vertical tracks between the corresponding switches of top-left
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super-quadrant and bottom-left super-quadrant. And simi-
larly the inter-block links connecting the switch 5 and switch
6 will be vertical tracks between the corresponding switches
of'top-right super-quadrant and bottom-right super-quadrant.
The inter-block links connecting the switch 6 and switch 7
will be horizontal tracks between the corresponding switches
of top-left super-quadrant and top-right super-quadrant. And
similarly the inter-block links connecting the switch 6 and
switch 7 will be horizontal tracks between the corresponding
switches of bottom-left super-quadrant and bottom-right
super-quadrant.

Referring to diagram 1001 of FIG. 11 illustrates a high-level
implementation of Block 1_2 (Each of the other blocks have
similar implementation) of the layout 100C of FIG. 1C which
represents a generalized folded multi-link multi-stage net-
WOrk Ve 1z i1 N», d, ) where N, =N,=32; d=2; and s=2.
Block 1_2 in 1001 illustrates both the intra-block and inter-
block links connected to Block 1_2. The layout diagram 1001
corresponds to the embodiment where the switches that are
placed together are implemented as separate switches in the
network 100B of FIG. 1B. As noted before then the network
100B is the generalized folded multi-link multi-stage net-
WOrk V1 miiniN1s N, d, 8) where N, =N,=32; d=2; and s=2
with nine stages as disclosed in PCT Application Serial No.
PCT/US08/64604 that is incorporated by reference above.

That is the switches that are placed together in Block 1_2 as
shown in FIG. 11 are namely input switch IS1 and output
switch OS1 belonging to switch 1, illustrated by dotted lines,
(as noted before switch 1 is for illustration purposes only, in
practice the switches implemented are input switch IS1 and
output switch OS1); middle switch MS(1,1) and middle
switch MS(7,1) belonging to switch 2; middle switch MS(2,
1) and middle switch MS(6,1) belonging to switch 3; middle
switch MS(3,1) and middle switch MS(5,1) belonging to
switch 4; And middle switch MS(4,1) belonging to switch 5.

Input switch IS1 is implemented as two by four switch with
the inlet links 1.1 and IT.2 being the inputs of the input switch
IS1 and middle links MI(1,1)-ML(1,4) being the outputs of
the input switch IS1; and output switch OS1 is implemented
as four by two switch with the middle links ML.(8,1)-ML.(8,4)
being the inputs of the output switch OS1 and outlet links
OL1-0OL2 being the outputs of the output switch OS1.

Middle switch MS(1,1) is implemented as four by four
switch with the middle links ML(1,1), ML(1,2), MLL(1,7) and
ML(1,8) being the inputs and middle links ML.(2,1)-ML.(2,4)
being the outputs; and middle switch MS(7,1) is implemented
as four by four switch with the middle links ML(7,1), ML(7,
2), ML(7,11) and ML(7,12) being the inputs and middle links
ML(8,1)-ML(8,4) being the outputs. Similarly all the other
middle switches are also implemented as four by four
switches as illustrated in 1001 of FIG. 1I.

Now the VLSI layouts of generalized multi-link multi-
stage networkV, .. (N, N,,d, s) where N, =N,<32; d=2;5=2
and its corresponding version of folded generalized multi-
link multi-stage network V., ....(N;, N,, d, s) where
N;=N,<32; d=2; s=2 are discussed. Referring to diagram
200A1 of FIG. 2A1 is generalized multi-link multi-stage
network V, ... .(N,, N,, d, s) where N;=N,=2; d=2. Diagram
200A2 of FIG. 2A2 illustrates the corresponding folded gen-
eralized multi-link multi-stage network V., .....(N, N, d,
s) where N, =N,=2; d=2, version of the diagram 200A1 of
FIG. 2A1. Layout 200A3 of FIG. 2A3 illustrates the VLSI
layout of the network 200A2 of FIG. 2A2. There is only one
block i.e., Block 1_2 comprising switch 1. Just like in the
layout 100C of FIG. 1C, switch 1 consists of input switch IS1
and output switch OS1.
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Referring to diagram 200B1 of FIG. 2B1 is generalized
multi-link multi-stage network V.. .(N,, N,, d, s) where
N,=N,=4; d=2; s=2. Diagram 200B2 of FIG. 2B2 illustrates
the corresponding folded generalized multi-link multi-stage
network Vi, (N1, Ny, d, s) where N, =N,=4; d=2; s=2,
version of the diagram 200B1 of FIG. 2B1. Layout 200B3 of
FIG. 2B3 illustrates the VLSI layout of the network 200B2 of
FIG. 2B2. There are two blocks i.e., Block1_2 and Block 3_4
each comprising switch 1 and switch 2. Switch 1 in each
block consists of the corresponding input switch and output
switch. For example switch 1 in Block 1_2 consists of input
switch IS1 and output switch OS1. Similarly switch 2 in
Block 1_2 consists of middle switch (1,1). Layout 200B4 of
FIG. 2B4 illustrates the inter-block links of the VLSI layout
diagram 200B3 of FIG. 2B3. For example middle links ML(1,
4) and ML(2,8). It must be noted that all the inter-block links
are vertical tracks in this layout. (Alternatively all the inter-
blocks can also be implemented as horizontal tracks).

Referring to diagram 200C11 of FIG. 2C11 is generalized
multi-link multi-stage network V,,,...(N;; N,, d, s) where
N,=N,=8; d=2; s=2. Diagram 200C12 of FIG. 2C12 illus-
trates the corresponding folded generalized multi-link multi-
stage network Vi, 7.,.2(N;, N». d, 5) where N, =N,=8; d=2;
s=2, version of the diagram 200C11 of FIG. 2C11. Layout
200C21 of FIG. 2C21 illustrates the VLSI layout of the net-
work 200C12 of FIG. 2C12. There are four blocks i.e., Block
1_2, Block 3_4, Block 5_6, and Block 7_8 each comprising
switch 1, switch 2 and switch 3. For example switch 1 in
Block 1_2 consists of input switch IS1 and output switch
OS1; Switch 2 in Block 1_2 consists of MS(1,1) and MS(3,1).
Switch 3 in Block 1_2 consists of MS(2,1).

Layout 200C22 of FIG. 2C22 illustrates the inter-block
links between the switch 1 and switch 2 of the VLSI layout
diagram 200C21 of FIG. 2C21. For example middle links
ML(1,4) and MI.(4,8) are connected between Block 1_2 and
Block 3_4. It must be noted that all the inter-block links
between switch 1 and switch 2 of all blocks are vertical tracks
in this layout. Layout 200C23 of FIG. 2C23 illustrates the
inter-block links between the switch 2 and switch 3 of the
VLSI layout diagram 200C21 of FIG. 2C21. For example
middle links ML(2,12) and ML(3,4) are connected between
Block 1_2 and Block 5_6. It must be noted that all the inter-
block links between switch 2 and switch 3 of all blocks are
horizontal tracks in this layout

Referring to diagram 200D1 of FIG. 2D1 is generalized
multi-link multi-stage network V,,,...(N;; N,, d, s) where
N,=N,=16;d=2;5=2. Diagram 200D2 of FIG. 2D2 illustrates
the corresponding folded generalized multi-link multi-stage
network Vo ;7. (N1s Ny, d, s) where N, =N,=16; d=2; s=2,
version of the diagram 200D1 of FIG. 2D1. Layout 200D3 of
FIG. 2D3 illustrates the VLSI layout of the network 200D2 of
FIG. 2D2. There are eight blocks i.e., Block 1_2, Block 3_4,
Block 5_6, Block 7_8, Block 9_10, Block 11_12, Block
13_14 and Block 15_16 each comprising switch 1, switch 2,
switch 3 and switch 4. For example switch 1 in Block 1_2
consists of input switch IS1 and output switch OS1; Switch 2
in Block 1_2 consists of MS(1,1) and MS(5,1). Switch 3 in
Block 1_2 consists of MS(2,1) and MS(4,1), and switch 4 in
Block 1_2 consists of MS(3,1).

Layout 200D4 of FIG. 2D4 illustrates the inter-block links
between the switch 1 and switch 2 of the VL.SI layout diagram
200D3 of FIG. 2D3. For example middle links ML(1.4) and
ML(6,8) are connected between Block 1_2 and Block 3_4. It
must be noted that all the inter-block links between switch 1
and switch 2 of all blocks are vertical tracks in this layout.
Layout 200D5 of FIG. 2D5 illustrates the inter-block links
between the switch 2 and switch 3 of the VLSI layout diagram
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200D3 of FIG. 2D3. For example middle links MI.(2,12) and
ML(5,4) are connected between Block 1_2 and Block 5_6. It
must be noted that all the inter-block links between switch 2
and switch 3 of all blocks are horizontal tracks in this layout.
Layout 200D6 of FIG. 2D6 illustrates the inter-block links
between the switch 3 and switch 4 of the VLSI layout diagram
200D3 of FIG. 2D3. For example middle links ML(3.4) and
ML(4,20) are connected between Block 1_2 and Block 9_10.
It must be noted that all the inter-block links between switch
3 and switch 4 of all blocks are vertical tracks in this layout.

Generalized Multi-link Butterfly Fat Tree Network
Embodiment

In another embodiment in the network 100B of FI1G. 1B,
the switches that are placed together are implemented as
combined switch then the network 100B is the generalized
multi-link butterfly fat tree network V.. (N, Ny, d, )
where N, =N,=32; d=2; and s=2 with five stages as disclosed
in PCT Application Serial No. PCT/US08/64603 that is incor-
porated by reference above. That is the switches that are
placed together in input stage 110 and output stage 120 are
implemented as a six by six switch. For example the input
switch IS1 and output switch OS1 are placed together; so
input switch IS1 and output OS1 are implemented as a six by
six switch with the inlet links 111, 1L.2, ML(8,1), ML(8,2),
ML(8,7) and ML(8,8) being the inputs of the combined
switch (denoted as IS1&0OS1) and middle links ML(1,1),
ML(1,2), ML(1,3), ML(1,4), OL1 and OL2 being the outputs
of the combined switch IS1&OS1. Similarly in this embodi-
ment of network 100B all the switches that are placed
together are implemented as a combined switch.

Layout diagrams 100C in FIG. 1C, 100D in FIG. 1D, 100E
in FIG. 1E, 100F in FIG. 1G are also applicable to generalized
multi-link butterfly fat tree network V... »s(N;, Ny, d, )
where N,=N,=32; d=2; and s=2 with five stages. The layout
100C in FIG. 1C can be recursively extended for any arbi-
trarily large generalized multi-link butterfly fat tree network
V i1 N, d, 8). Accordingly layout 100H of FIG. 1H
is also applicable to generalized multi-link butterfly fat tree
network V.. 5 +(N, Ny, d, 5).

Referring to diagram 100J of FIG. 17 illustrates a high-
level implementation of Block 1_2 (Each of the other blocks
have similar implementation) of the layout 100C of FIG. 1C
which represents a generalized multi-link butterfly fat tree
network V. . »-(N;, N, d, s) where N;=N,=32; d=2; and
s=2. Block 1_2 in 100J] illustrates both the intra-block and
inter-block links. The layout diagram 100J corresponds to the
embodiment where the switches that are placed together are
implemented as combined switch in the network 100B of
FIG. 1B. As noted before then the network 100B is the gen-
eralized multi-link butterfly fat tree network V1,1 (N, N,
d, s) where N,=N,=32; d=2; and s=2 with five stages as
disclosed in PCT Application Serial No. PCT/US08/64603
that is incorporated by reference above.

That is the switches that are placed together in Block 1_2 as
shown in FIG. 1J are namely the combined input and output
switch IS1&0S1 belonging to switch 1, illustrated by dotted
lines, (as noted before switch 1 is for illustration purposes
only, in practice the switch implemented is combined input
and output switch IS1&0S1); middle switch MS(1,1)
belonging to switch 2; middle switch MS(2,1) belonging to
switch 3; middle switch MS(3,1) belonging to switch 4; And
middle switch MS(4,1) belonging to switch 5.

Combined input and output switch IS1&0S1 is imple-
mented as six by six switch with the inlet links 111, 1.2 and
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ML(8,1)-ML(8,4) being the inputs and middle links ML(1,
1)-ML(1,4), and outlet links OL.1-OL2 being the outputs.

Middle switch MS(1,1) is implemented as eight by eight
switch with the middle links ML(1,1), ML(1,2), ML(1,7),
ML(1,8), ML(7,1), ML(7,2), ML(7,11) and ML(7,12) being
the inputs and middle links ML(2,1)-ML(2,4) and middle
links ML(8,1)-ML(8.4) being the outputs. Similarly all the
other middle switches are also implemented as eight by eight
switches as illustrated in 100J of FIG. 1J. Applicant observes
that in middle switch MS(1,1) any one of the right going
middle links can be switched to any one of the left going
middle links and hereinafter middle switch MS(1,1) provides
U-turn links. In general, in the network V., »#(N, N5, d, 5)
each input switch, each output switch and each middle switch
provides U-turn links.

In another embodiment, middle switch MS(1,1) (or the
middle switches in any of the middle stage excepting the root
middle stage) of Block 1_2 of V.1 ,#(N, N5, d, 5) can be
implemented as a four by eight switch and a four by four
switch to save cross points. This is because the left going
middle links of these middle switches are never setup to the
right going middle links. For example, in middle switch
MS(1,1) of Block 1_2 as shown FIG. 1], the left going middle
links namely ML(7,1), ML(7,2), ML(7,11), and ML(7,12)
are never switched to the right going middle links ML(2,1),
ML(2,2), ML(2,3), and ML(2,4). And hence to implement
MS(1,1) two switches namely: 1) a four by eight switch with
the middle links ML(1,1), ML(1,2), ML(1,7), and ML(1,8) as
inputs and the middle links ML(2,1), ML(2,2), ML(2,3),
ML(2,4), ML(8,1), ML(8,2), ML(8,3), and ML(8,4) as out-
puts and 2) a four by four switch with the middle links ML(7,
1), ML(7,2), ML(7,11), and MIL.(7,12) as inputs and the
middle links ML(8,1), ML(8,2), ML(8,3), and ML(8,4) as
outputs are sufficient without loosing any connectivity of the
embodiment of MS(1,1) being implemented as an eight by
eight switch as described before.)

Generalized Multi-Stage Network Embodiment

In one embodiment, in the network 100B of FIG. 1B, the
switches that are placed together are implemented as two
separate switches in input stage 110 and output stage 120; and
as four separate switches in all the middle stages, then the
network 100B is the generalized folded multi-stage network
V 1Ny, Ny, d, 8) where N, =N,=32; d=2; and s=2 with nine
stages as disclosed in PCT Application Serial No. PCT/US08/
64604 that is incorporated by reference above. That is the
switches that are placed together in input stage 110 and output
stage 120 are implemented as a two by four switch and a four
by two switch respectively. For example the switch input
switch IS1 and output switch OS1 are placed together; so
input switch IS1 is implemented as two by four switch with
the inlet links I[.1 and 1.2 being the inputs and middle links
ML(1,1)-ML(1,4) being the outputs; and output switch OS1
is implemented as four by two switch with the middle links
ML(8,1), ML(8,4), ML(8,7) and ML(8,8) being the inputs
and outlet links OL.1-OL2 being the outputs.

The switches, corresponding to the middle stages that are
placed together are implemented as four two by two switches.
For example middle switches MS(1,1), MS(1,17), MS(7.1),
and MS(7,17) are placed together; so middle switch MS(1,1)
is implemented as two by two switch with middle links ML(1,
1) and ML(1,7) being the inputs and middle links ML(2,1)
and ML(2,3) being the outputs; middle switch MS(1,17) is
implemented as two by two switch with the middle links
ML(1,2) and ML(1,8) being the inputs and middle links
ML(2,2) and ML(2,4) being the outputs; middle switch
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MS(7.1) is implemented as two by two switch with middle
links ML(7,1) and ML(7,11) being the inputs and middle
links ML(8,1) and ML(8,3) being the outputs; And middle
switch MS(7,17) is implemented as two by two switch with
the middle links MI.(7,2) and ML(7,12) being the inputs and
middle links ML(8,2) and ML(8,4) being the outputs; Simi-
larly in this embodiment of network 100B all the switches that
are placed together are implemented as separate switches.

Layout diagrams 100C in FIG. 1C, 100D in FIG. 1D, 100E
in FIG. 1E, 100F in FIG. 1G are also applicable to generalized
folded multi-stage network V,(N;, N,, d, s) where
N,=N,=32; d=2; and s=2 with nine stages. The layout 100C
in FIG. 1C can be recursively extended for any arbitrarily
large generalized folded multi-stage network V., (N, N,, d,
s). Accordingly layout 100H of FIG. 1H is also applicable to
generalized folded multi-stage network V., (N, N, d, s).

Referring to diagram 100K of FIG. 1K illustrates a high-
level implementation of Block 1_2 (Each of the other blocks
have similar implementation) of the layout 100C of FIG. 1C
which represents a generalized folded multi-stage network
V 1Ny, Ny, d, s) where N, =N,=32; d=2; and s=2. Block 1_2
in 100K illustrates both the intra-block and inter-block links.
The layout diagram 100K corresponds to the embodiment
where the switches that are placed together are implemented
as separate switches in the network 100B of FIG. 1B. As
noted before then the network 100B is the generalized folded
multi-stage network V., (N,, N,, d, s) where N,=N,=32;
d=2; and s=2 with nine stages as disclosed in PCT Applica-
tion Serial No. PCT/US08/64604 that is incorporated by ref-
erence above.

That is the switches that are placed together in Block 1_2 as
shown in FIG. 1K are namely the input switch IS1 and output
switch OS1 belonging to switch 1, illustrated by dotted lines,
(as noted before switch 1 is for illustration purposes only, in
practice the switches implemented are input switch IS1 and
output switch OS1); middle switches MS(1,1), MS(1,17),
MS(7,1) and MS(7,17) belonging to switch 2; middle
switches MS(2,1), MS(2,17), MS(6,1) and MS(6,17) belong-
ing to switch 3; middle switches MS(3,1), MS(3,17), MS(5,1)
and MS(5,17) belonging to switch 4; And middle switches
MS(4,1), and MS(4,17) belonging to switch 5.

Input switch IS1 and output switch OS1 are placed
together; so input switch IS1 is implemented as two by four
switch with the inlet links I[.1 and 1.2 being the inputs and
middle links ML(1,1)-ML(1,4) being the outputs; and output
switch OS1 is implemented as four by two switch with the
middle links ML(8,1), ML(8,4), ML(8,7) and ML(8,8) being
the inputs and outlet links OL.1-OL.2 being the outputs.

Middle switches MS(1,1), MS(1,17), MS(7,1), and MS(7,
17) are placed together; so middle switch MS(1,1) is imple-
mented as two by two switch with middle links ML(1,1) and
ML(1,7) being the inputs and middle links MI.(2,1) and
ML(2,3) being the outputs; middle switch MS(1,17) is imple-
mented as two by two switch with the middle links M1.(1,2)
and ML(1,8) being the inputs and middle links ML.(2,2) and
ML(2,4) being the outputs; middle switch MS(7,1) is imple-
mented as two by two switch with middle links MIL(7,1) and
ML(7,11) being the inputs and middle links ML(8,1) and
ML(8,3) being the outputs; And middle switch MS(7,17) is
implemented as two by two switch with the middle links
MIL(7,2) and ML(7,12) being the inputs and middle links
ML(8,2) and ML(8.4) being the outputs Similarly all the
other middle switches are also implemented as two by two
switches as illustrated in 100K of FIG. 1K.

Generalized Multi-Stage Network Embodiment with
S=1

In one embodiment, in the network 100B of FIG. 1B
(where it is implemented with s=1), the switches that are
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placed together are implemented as two separate switches in
input stage 110 and output stage 120; and as two separate
switches in all the middle stages, then the network 100B is the
generalized folded multi-stage network V., (N,, N,, d, s)
where N, =N,=32; d=2; and s=1 with nine stages as disclosed
in PCT Application Serial No. PCT/US08/64604 that is incor-
porated by reference above. That is the switches that are
placed together in input stage 110 and output stage 120 are
implemented as a two by two switch and a two by two switch.
For example the switch input switch IS1 and output switch
OS1 are placed together; so input switch IS1 is implemented
astwo by two switch with the inlet links I1.1 and I[.2 being the
inputs and middle links ML(1,1)-ML(1,2) being the outputs;
and output switch OS1 is implemented as two by two switch
with the middle links ML.(8,1) and ML(8,3) being the inputs
and outlet links OL.1-OL2 being the outputs.

The switches, corresponding to the middle stages that are
placed together are implemented as two, two by two switches.
For example middle switches MS(1,1) and MS(7,1) are
placed together; so middle switch MS(1,1) is implemented as
two by two switch with middle links ML(1,1) and ML(1,3)
being the inputs and middle links MI(2,1) and ML(2,2) being
the outputs; middle switch MS(7,1) is implemented as two by
two switch with middle links MI.(7,1) and ML(7,5) being the
inputs and middle links ML(8,1) and MI.(8,2) being the out-
puts; Similarly in this embodiment of network 100B all the
switches that are placed together are implemented as two
separate switches.

Layout diagrams 100C in FIG. 1C, 100D in FIG. 1D, 100E
in FIG. 1E, 100F in FIG. 1G are also applicable to generalized
folded multi-stage network V., (N,, N,, d, s) where
N,=N,=32; d=2; and s=1 with nine stages. The layout 100C
in FIG. 1C can be recursively extended for any arbitrarily
large generalized folded multi-stage network V., (N, N,, d,
s). Accordingly layout 100H of FIG. 1H is also applicable to
generalized folded multi-stage network VN, N,, d, s).

Referring to diagram 100K1 of FIG. 1K1 illustrates a high-
level implementation of Block 1_2 (Each of the other blocks
have similar implementation) for the layout 100C of FIG. 1C
when s=1 which represents a generalized folded multi-stage
network V., (N,, N, d, s) where N,;=N,=32; d=2; and s=1
(All the double links are replaced by single links when s=1).
Block 1_2 in 100K1 illustrates both the intra-block and inter-
block links. The layout diagram 100K1 corresponds to the
embodiment where the switches that are placed together are
implemented as separate switches in the network 100B of
FIG. 1B when s=1. As noted before then the network 100B is
the generalized folded multi-stage network V., (N, N,, d, s)
where N, =N,=32; d=2; and s=1 with nine stages as disclosed
in PCT Application Serial No. PCT/US08/64604 that is incor-
porated by reference above.

That is the switches that are placed together in Block1_2 as
shown in FIG. 1K1 are namely the input switch IS1 and
output switch OS1 belonging to switch 1, illustrated by dotted
lines, (as noted before switch 1 is for illustration purposes
only, in practice the switches implemented are input switch
IS1 and output switch OS1); middle switches MS(1,1) and
MS(7,1) belonging to switch 2; middle switches MS(2,1) and
MS(6,1) belonging to switch 3; middle switches MS(3,1) and
MS(5,1) belonging to switch 4; And middle switch MS(4,1)
belonging to switch 5.

Input switch IS1 and output switch OS1 are placed
together; so input switch IS1 is implemented as two by two
switch with the inlet links I[.1 and 1.2 being the inputs and
middle links ML(1,1)-ML(1,2) being the outputs; and output
switch OS1 is implemented as two by two switch with the
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middle links ML(8,1) and ML.(8,3) being the inputs and outlet
links OL1-OL2 being the outputs.

Middle switches MS(1,1) and MS(7,1) are placed together;
so middle switch MS(1,1) is implemented as two by two
switch with middle links ML(1,1) and ML(1,3) being the
inputs and middle links ML(2,1) and ML.(2,2) being the out-
puts; And middle switch MS(7,1) is implemented as two by
two switch with middle links ML(7,1) and ML(7,5) being the
inputs and middle links ML(8,1) and ML.(8,2) being the out-
puts. Similarly all the other middle switches are also imple-
mented as two by two switches as illustrated in 100K1 of FIG.
1K1.

Generalized Butterfly Fat Tree Network Embodiment

In another embodiment in the network 100B of FI1G. 1B,
the switches that are placed together are implemented as two
combined switches then the network 100B is the generalized
butterfly fat tree network V,, ,(N,, N, d, s) where N, =N,=32;
d=2; and s=2 with five stages as disclosed in PCT Application
Serial No. PCT/US08/64603 that is incorporated by reference
above. That is the switches that are placed together in input
stage 110 and output stage 120 are implemented as a six by six
switch. For example the input switch IS1 and output switch
OS1 are placed together; so input output switch IS1&0S1 are
implemented as a six by six switch with the inlet links II.1,
1.2, ML(8,1), ML(8,2), ML(8,7) and ML(8,8) being the
inputs of the combined switch (denoted as [S1&0S1) and
middle links ML(1,1), ML(1,2), ML(1,3), ML(1,4), OL1 and
OL.2 being the outputs of the combined switch IS1&OS1.

The switches, corresponding to the middle stages that are
placed together are implemented as two four by four
switches. For example middle switches MS(1,1) and MS(1,
17) are placed together; so middle switch MS(1,1) is imple-
mented as four by four switch with middle links ML(1,1),
ML(1,7), ML(7,1) and ML(7,11) being the inputs and middle
links ML(2,1), ML(2,3), ML(8,1) and ML(8,3) being the
outputs; middle switch MS(1,17) is implemented as four by
four switch with the middle links ML.(1,2), ML(1,8), ML(7,2)
and ML(7,12) being the inputs and middle links ML(2,2),
ML(2,4), ML(8,2) and ML(8.4) being the outputs. Similarly
in this embodiment of network 100B all the switches that are
placed together are implemented as a two combined switches.

Layout diagrams 100C in FIG. 1C, 100D in FIG. 1D, 100E
in FIG. 1E, 100F in FIG. 1G are also applicable to generalized
butterfly fat tree network V,, (N, N,, d, s) where N, =N,=32;
d=2; and s=2 with five stages. The layout 100C in FIG. 1C can
be recursively extended for any arbitrarily large generalized
butterfly fat tree network V,4(N,, N,, d, s). Accordingly lay-
out 100H of FIG. 1H is also applicable to generalized butter-
fly fat tree network V,,(N,, N,, d, s).

Referring to diagram 100L of FIG. 1L illustrates a high-
level implementation of Block 1_2 (Each of the other blocks
have similar implementation) of the layout 100C of FIG. 1C
which represents a generalized butterfly fat tree network V,,,
(N, N,, d, s) where N,=N,=32; d=2; and s=2. Block 1_2 in
100L illustrates both the intra-block and inter-block links.
The layout diagram 100L corresponds to the embodiment
where the switches that are placed together are implemented
as two combined switches in the network 100B of FIG. 1B. As
noted before then the network 100B is the generalized but-
terfly fat tree network V,4(N;, N,, d, s) where N,=N,=32;
d=2; and s=2 with five stages as disclosed in PCT Application
Serial No. PCT/US08/64603 that is incorporated by reference
above.



US 8,269,523 B2

23

That is the switches that are placed together in Block1_2 as
shown in FIG. 11 are namely the combined input and output
switch IS1&0S1 belonging to switch 1, illustrated by dotted
lines, (as noted before switch 1 is for illustration purposes
only, in practice the switch implemented is combined input
and output switch 1S1&0S1); middle switch MS(1,1) and
MS(1,17) belonging to switch 2; middle switch MS(2,1) and
MS(2,17) belonging to switch 3; middle switch MS(3,1) and
MS(3,17) belonging to switch 4; And middle switch MS(4,1)
belonging to switch 5.

Combined input and output switch IS1&0OS1 is imple-
mented as six by six switch with the inlet links 111, 112,
ML(8,1), ML(8,2), ML(8,7) and ML(8,8) being the inputs
and middle links ML(1,1)-ML(1,4) and outlet links OL1-
OL.2 being the outputs.

Middle switch MS(1,1) is implemented as four by four
switch with middle links ML(1,1), ML(1,7), ML(7,1) and
ML(7,11) being the inputs and middle links ML(2,1), ML(2,
3), ML(8,1) and ML(8,3) being the outputs; And middle
switch MS(1,17) is implemented as four by four switch with
the middle links ML(1,2), ML(1,8), ML(7,2) and ML(7,12)
being the inputs and middle links M1.(2,2), ML(2.4), ML(8,2)
and ML(8.4) being the outputs. Similarly all the other middle
switches are also implemented as two four by four switches as
illustrated in 100L of FIG. 1L. Applicant observes that in
middle switch MS(1,1) any one of the right going middle
links can be switched to any one of the left going middle links
and hereinafter middle switch MS(1,1) provides U-turn links.
In general, in the network V,,4,(N;, N,, d, s) each input switch,
each output switch and each middle switch provides U-turn
links.

In another embodiment, middle switch MS(1,1) (or the
middle switches in any of the middle stage excepting the root
middle stage) of Block 1_2 of V,4(N,, N,, d, s) can be
implemented as a two by four switch and a two by two switch
to save cross points. This is because the left going middle
links of these middle switches are never setup to the right
going middle links. For example, in middle switch MS(1,1) of
Block 1_2 as shown FIG. 1L, the left going middle links
namely MI(7,1) and ML(7,11) are never switched to the right
going middle links ML(2,1) and ML(2,3). And hence to
implement MS(1,1) two switches namely: 1) a two by four
switch with the middle links MI.(1,1) and ML(1,7) as inputs
and the middle links ML(2,1), ML.(2,3), ML.(8,1), and ML(8,
3) as outputs and 2) a two by two switch with the middle links
MIL(7,1) and ML(7,11) as inputs and the middle links ML(8,
1) and ML(8,3) as outputs are sufficient without loosing any
connectivity of the embodiment of MS(1,1) being imple-
mented as an eight by eight switch as described before.)

Generalized Butterfly Fat Tree Network Embodiment
with S=1

In one embodiment, in the network 100B of FIG. 1B
(where it is implemented with s=1), the switches that are
placed together are implemented as a combined switch in
input stage 110 and output stage 120; and as a combined
switch in all the middle stages, then the network 100B is the
generalized butterfly fat tree network V, ,(N,, N, d, s) where
N, =N,=32; d=2; and s=1 with five stages as disclosed in PCT
Application Serial No. PCT/US08/64603 that is incorporated
by reference above. That is the switches that are placed
together in input stage 110 and output stage 120 are imple-
mented as a four by four switch. For example the switch input
switch IS1 and output switch OS1 are placed together; so
input and output switch IS1&OS1 is implemented as four by
four switch with the inlet links 1.1, IL.2, ML(8,1) and ML(8,
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3) being the inputs and middle links ML(1,1)-ML(1,2) and
outlet links OL.1-OL2 being the outputs

The switches, corresponding to the middle stages that are
placed together are implemented as a four by four switch. For
example middle switches MS(1,1) is implemented as four by
four switch with middle links ML(1,1), ML(1,3), ML(7,1)
and ML(7,5) being the inputs and middle links ML(2,1),
ML(2,2), ML(8,1) and ML(8,2) being the outputs.

Layout diagrams 100C in FIG. 1C, 100D in FIG. 1D, 100E
in FIG. 1E, 100F in FIG. 1G are also applicable to generalized
butterfly fat tree network V, (N, N,, d, s) where N, =N,=32;
d=2; and s=1 with five stages. The layout 100C in FIG. 1C can
be recursively extended for any arbitrarily large generalized
butterfly fat tree network V,4(N, N, d, s). Accordingly lay-
out 100H of FIG. 1H is also applicable to generalized butter-
fly fat tree network V, 4(N, N,, d, 5).

Referring to diagram 100L.1 of FIG. 111 illustrates a high-
level implementation of Block 1_2 (Each of the other blocks
have similar implementation) for the layout 100C of FIG. 1C
when s=1 which represents a generalized butterfly fat tree
network V, (N, N,, d, s) where N,=N,=32; d=2; and s=1
(All the double links are replaced by single links when s=1).
Block 1_2 in 100K1 illustrates both the intra-block and inter-
block links. The layout diagram 100L.1 corresponds to the
embodiment where the switches that are placed together are
implemented as a combined switch in the network 100B of
FIG. 1B when s=1. As noted before then the network 100B is
the generalized butterfly fat tree network V,,(N,;, N,. d, s)
where N, =N,=32; d=2; and s=1 with nine stages as disclosed
in PCT Application Serial No. PCT/US08/64603 that is incor-
porated by reference above.

That is the switches that are placed together in Block 1_2 as
shown in FIG. 111 are namely the input and output switch
1S1&0S1 belonging to switch 1, illustrated by dotted lines,
(as noted before switch 1 is for illustration purposes only, in
practice the switches implemented are input switch IS1 and
output switch OS1); middle switch MS(1,1) belonging to
switch 2; middle switch MS(2,1) belonging to switch 3;
middle switch MS(3,1) belonging to switch 4; And middle
switch MS(4,1) belonging to switch 5.

Input and output switch IS1&OS1 are placed together; so
input and output switch IS1&OS1 is implemented as four by
four switch with the inlet links 111, IL.2, ML(8,1) and ML(8,
3) being the inputs and middle links ML(1,1)-ML(1,2) and
outlet links OL.1-OL2 being the outputs.

Middle switch MS(1,1) is implemented as four by four
switch with middle links ML(1,1), ML(1,3), ML(7,1) and
ML(7,5) being the inputs and middle links MI.(2,1), ML.(2,2),
ML(8,1) and ML(8,2) being the outputs. Similarly all the
other middle switches are also implemented as four by four
switches as illustrated in 100L1 of FIG. 1L1.

In another embodiment, middle switch MS(1,1) (or the
middle switches in any of the middle stage excepting the root
middle stage) of Block 1_2 of V., ,«(N;, N, d, 5) can be
implemented as a two by four switch and a two by two switch
to save cross points. This is because the left going middle
links of these middle switches are never setup to the right
going middle links For example, in middle switch MS(1,1) of
Block 1_2 as shown FIG. 111, the left going middle links
namely ML(7,1) and ML(7,5) are never switched to the right
going middle links ML(2,1) and ML(2,2). And hence to
implement MS(1,1) two switches namely: 1) a two by four
switch with the middle links MI.(1,1) and ML(1,3) as inputs
and the middle links ML(2,1), ML.(2,2), ML.(8,1), and ML(8,
2) as outputs and 2) a two by two switch with the middle links
ML(7,1) and ML(7,5) as inputs and the middle links ML.(8,1)
and ML(8,2) as outputs are sufficient without loosing any
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connectivity of the embodiment of MS(1,1) being imple-
mented as an eight by eight switch as described before.)
Hypercube-Like Topology Layout Schemes:

Referring to diagram 300A in FIG. 3A, in one embodi-
ment, an exemplary generalized multi-link multi-stage net-
work V,....(Ny, Ny, d, s) where N, =N,=32; d=2; and s=2
with nine stages of one hundred and forty four switches for
satisfying communication requests, such as setting up a tele-
phone call or a data call, or a connection between config-
urable logic blocks, between an input stage 110 and output
stage 120 via middle stages 130, 140, 150, 170, 170, 180 and
190 is shown where input stage 110 consists of sixteen, two
by four switches IS1-IS16 and output stage 120 consists of
sixteen, four by two switches OS1-OS16.

As disclosed in PCT Application Serial No. PCT/US08/
64604 that is incorporated by reference above, such a network
can be operated in rearrangeably non-blocking manner for
arbitrary fan-out multicast connections and also can be oper-
ated in strictly non-blocking manner for unicast connections.

The diagram 300A in FIG. 3A is exactly the same as the
diagram 100A in FIG. 1A excepting the connection links
between middle stage 150 and middle stage 160 as well as
between middle stage 160 and middle stage 170.

Each of the

N
d

middle switches are connected to exactly d switches in middle
stage 160 through two links each for a total of 2xd links (for
example the links ML.(4,1) and ML.(4,2) are connected from
middle switch MS(3,1) to middle switch MS(4,1), and the
links ML.(4,3) and ML(4,4) are connected from middle
switch MS(3,1) to middle switch MS(4,15)).

Each of the

N
d

middle switches MS(4,1)-MS(4,16) in the middle stage 160
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML.(4,1)
and ML(4,2) are connected to the middle switch MS(4,1)
from input switch MS(3,1), and the links ML(4,59) and
ML(4,60) are connected to the middle switch MS(4,1) from
input switch MS(3,15)) and also are connected to exactly d
switches in middle stage 170 through two links each for a total
of'2xd links (for example the links ML(5,1) and ML(5,2) are
connected from middle switch MS(4,1) to middle switch
MS(5,1), and the links ML(5,3) and ML(5.4) are connected
from middle switch MS(4,1) to middle switch MS(5,15)).
Each of the

N
d

middle switches MS(5,1)-MS(5,16) in the middle stage 170
are connected from exactly d input switches through two links
each for a total of 2xd links (for example the links ML(5,1)
and ML(5,2) are connected to the middle switch MS(5,1)
from input switch MS(4,1), and the links ML(5,59) and
ML(5,60) are connected to the middle switch MS(5,1) from
input switch MS(4,15)).
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Finally the connection topology of the network 100A
shown in FIG. 1A is also basically back to back inverse Benes
connection topology but with a slight variation. All the cross
middle links from middle switches MS(3,1)-MS(3,8) connect
to middle switches MS(4,9)-MS(4,16) and all the cross
middle links from middle switches MS(3,9)-MS(3,16) con-
nect to middle switches MS(4,1)-MS(4,8). Applicant makes a
key observation that there are many combinations of connec-
tions possible using this property. The difference in the con-
nection topology between diagram 100A of FIG. 1A and
diagram 300A of FIG. 3A is that the connections formed by
cross middle links between middle stage 150 and middle
stage 160 are made of two different combinations otherwise
both the diagrams 100A and 300A implement back to back
inverse Benes connection topology. Since these networks
implement back to back inverse Benes topologies since there
is difference in the connections of cross middle links between
middle stage 150 and middle stage 160, the same difference in
the connections of cross middle links between 160 and
middle stage 170 occurs.

Referring to diagram 300B in FIG. 3B, is a folded version
of the multi-link multi-stage network 300A shown in FIG.
3A. The network 300B in FIG. 3B shows input stage 110 and
output stage 120 are placed together. That is input switch IS1
and output switch OS1 are placed together, input switch IS2
and output switch OS2 are placed together, and similarly
input switch IS16 and output switch OS16 are placed
together. All the right going middle links {i.e., inlet links
IL1-11.32 and middle links ML(1,1)-ML(1,64)} correspond
to input switches IS1-IS16, and all the left going middle links
{i.e., middle links ML(7,1)-ML(7,64) and outlet links OL1-
OL32} correspond to output switches OS1-OS16.

Just the same way there is difference in the connection
topology between diagram 100A of FIG. 1A and diagram
300A of FIG. 3A in the way the connections are formed by
cross middle links between middle stage 150 and middle
stage 160 and also between middle stage 160 and middle
stage 170, the exact similar difference is there between the
diagram 100B of FIG. 1B and the diagram 300B of FIG. 3B,
i.e., in the way the connections are formed by cross middle
links between middle stage 150 and middle stage 160 and also
between middle stage 160 and middle stage 170.

In one embodiment, in the network 300B of FIG. 3B, the
switches that are placed together are implemented as separate
switches then the network 300B is the generalized folded
multi-link multi-stage network V., ,,,:(N, N>, d, s) where
N,=N,=32; d=2; and s=2 with nine stages as disclosed in PCT
Application Serial No. PCT/US08/64604 that is incorporated
by reference above. That is the switches that are placed
together in input stage 110 and output stage 120 are imple-
mented as a two by four switch and a four by two switch. For
example the switch input switch IS1 and output switch OS1
are placed together; so input switch IS1 is implemented as
two by four switch with the inlet links IL.1 and IL.2 being the
inputs of the input switch IS1 and middle links ML(1,1)-ML
(1,4) being the outputs of the input switch IS1; and output
switch OS1 is implemented as four by two switch with the
middle links ML(8,1), ML(8,2), ML(8,7) and ML(8,8) being
the inputs of the output switch OS1 and outlet links OL.1-OL2
being the outputs of the output switch OS1. Similarly in this
embodiment of network 300B all the switches that are placed
together are implemented as separate switches.

Referring to layout 300C of FIG. 3C, in one embodiment,
there are sixteen blocks namely Block 1_2, Block 3_4, Block
5_6, Block 7_8, Block 9_10, Block 11_12, Block 13_14,
Block 15_16, Block 17_18, Block 19_20, Block 21_22,
Block 23_24, Block 25_26, Block 27_28, Block 29_30, and
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Block 31_32. Each block implements all the switches in one
row of the network 300B of FIG. 3B, one of the key aspects of
the current invention. For example Block 1_2 implements the
input switch IS1, output Switch OS1, middle switch MS(1,1),
middle switch MS(7,1), middle switch MS(2,1), middle
switch MS(6,1), middle switch MS(3,1), middle switch
MS(5,1), and middle switch MS(4,1). For the simplification
of illustration, Input switch IS1 and output switch OS1
together are denoted as switch 1; Middle switch MS(1,1) and
middle switch MS(7,1) together are denoted by switch 2;
Middle switch MS(2,1) and middle switch MS(6,1) together
are denoted by switch 3; Middle switch MS(3,1) and middle
switch MS(5,1) together are denoted by switch 4; And middle
switch MS(4,1) is denoted by switch 5.

All the straight middle links are illustrated in layout 300C
of FIG. 3C. For example in Block 1_2, inlet links IL.1-11.2,
outlet links OL1-OL2, middle link ML(1,1), middle link
ML(1,2), middle link ML(8,1), middle link ML(8,2), middle
link ML(2,1), middle link ML(2,2), middle link ML(7,1),
middle link MI(7,2), middle link ML(3,1), middle link
ML.(3,2), middle link MIL(6,1), middle link ML(6,2), middle
link ML.(4,1), middle link ML(4,2), middle link ML(5,1) and
middle link ML(5,2) are illustrated in layout 300C of FIG.
3C.

Even though it is not illustrated in layout 300C of FIG. 3C,
in each block, in addition to the switches there may be Con-
figurable Logic Blocks (CLB) or any arbitrary digital circuit
or sub-integrated circuit block depending on the applications
in different embodiments. There are four quadrants in the
layout 300C of FIG. 3C namely top-left, bottom-left, top-
right and bottom-right quadrants. Top-left quadrant imple-
ments Block 1_2, Block 3_4, Block 5_6, and Block 7_8.
Bottom-left quadrant implements Block 9_10, Block 11_12,
Block 13_14, and Block 15_16. Top-right quadrant imple-
ments Block 25_26, Block 27_28, Block 29_30, and Block
31_32. Bottom-right quadrant implements Block 17_18,
Block 19_20, Block 21_22, and Block 23_24. There are two
halves in layout 300C of FIG. 3C namely left-half and right-
half. Left-half consists of top-left and bottom-left quadrants.
Right-half consists of top-right and bottom-right quadrants.

Recursively in each quadrant there are four sub-quadrants.
For example in top-left quadrant there are four sub-quadrants
namely top-left sub-quadrant, bottom-left sub-quadrant, top-
right sub-quadrant and bottom-right sub-quadrant. Top-left
sub-quadrant of top-left quadrant implements Block 1_2.
Bottom-left sub-quadrant of top-left quadrant implements
Block 3_4. Top-right sub-quadrant of top-left quadrant
implements Block 7_8. Finally bottom-right sub-quadrant of
top-left quadrant implements Block 5_6. Similarly there are
two sub-halves in each quadrant. For example in top-left
quadrant there are two sub-halves namely left-sub-half and
right-sub-half. Left-sub-half of top-left quadrant implements
Block 1_2 and Block 3_4. Right-sub-half of top-left quadrant
implements Block 7_8 and Block 5_6. Recursively in larger
multi-stage network Vi, . (Ny, N, d, s) where
N,=N,>32, the layout in this embodiment in accordance with
the current invention, will be such that the super-quadrants
will also be arranged in a similar manner.

Layout 300D of FIG. 3D illustrates the inter-block links (in
the layout 300C of FIG. 3C all the cross middle links are
inter-block links) between switches 1 and 2 of each block. For
example middle links ML(1,3), ML(1,4), ML(8.7), and
ML(8,8) are connected between switch 1 of Block 1_2 and
switch 2 of Block 3_4. Similarly middle links ML(1,7),
ML(1,8), ML(8,3), and ML(8,4) are connected between
switch 2 of Block 1_2 and switch 1 of Block 3_4. Applicant
notes that the inter-block links illustrated in layout 100D of
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FIG. 1D canbe implemented as vertical tracks in one embodi-
ment. Also in one embodiment inter-block links are imple-
mented as two different tracks (for example middle links
ML(1,4) and ML(8,8) are implemented as two different
tracks); or in an alternative embodiment inter-block links are
implemented as a time division multiplexed single track (for
example middle links ML(1,4) and ML(8,8) are implemented
as a time division multiplexed single track).

Layout 300E of FIG. 3E illustrates the inter-block links
between switches 2 and 3 of each block. For example middle
links ML(2,3), ML(2,4), ML(7,11), and ML(7,12) are con-
nected between switch 2 of Block 1_2 and switch 3 of Block
3_4. Similarly middle links ML(2,11), ML(2,12), ML(7,3),
and ML(7,4) are connected between switch 3 of Block 1_2
and switch 2 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 300E of FIG. 3E can be
implemented as diagonal tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
different tracks (for example middle links MI.(2,12) and
ML(7,4) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(2,12) and ML(7.,4) are implemented as a time divi-
sion multiplexed single track).

Layout 300F of FIG. 3F illustrates the inter-block links
between switches 3 and 4 of each block. For example middle
links ML.(3,3), ML(3.,4), ML(6,19), and ML(6,20) are con-
nected between switch 3 of Block 1_2 and switch 4 of Block
3_4. Similarly middle links ML(3,19), ML(3,20), ML(6,3),
and ML(6.4) are connected between switch 4 of Block 1_2
and switch 3 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 300F of FIG. 3F can be
implemented as vertical tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
different tracks (for example middle links MIL.(3,4) and
ML(6,20) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(3.,4) and ML(6,20) are implemented as a time divi-
sion multiplexed single track).

Layout 300G of FIG. 3G illustrates the inter-block links
between switches 4 and 5 of each block. For example middle
links ML.(4,3), ML(4,4), ML(5,35), and ML(5,36) are con-
nected between switch 4 of Block 1_2 and switch 5 of Block
3_4. Similarly middle links ML(4,35), ML(4,36), ML(5,3),
and ML(5,4) are connected between switch 5 of Block 1_2
and switch 4 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 300G of FIG. 3G can be
implemented as horizontal tracks in one embodiment. Also in
one embodiment inter-block links are implemented as two
different tracks (for example middle links MI.(4,4) and
ML(5,36) are implemented as two different tracks); or in an
alternative embodiment inter-block links are implemented as
a time division multiplexed single track (for example middle
links ML(4,4) and ML(5,36) are implemented as a time divi-
sion multiplexed single track).

The complete layout for the network 300B of FIG. 3B is
given by combining the links in layout diagrams of 300C,
300D, 300E, 300F, and 300G. Applicant notes that in the
layout 300C of FIG. 3C, the inter-block links between switch
1 and switch 2 are vertical tracks as shown in layout 300D of
FIG. 3D; the inter-block links between switch 2 and switch 3
are horizontal tracks as shown in layout 300E of FIG. 3E; the
inter-block links between switch 3 and switch 4 are vertical
tracks as shown in layout 300F of FIG. 3F; and finally the
inter-block links between switch 4 and switch 5 are horizontal
tracks as shown in layout 300G of FIG. 3G. The pattern is
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either vertical tracks, horizontal tracks or diagonal tracks. It
continues recursively for larger networks of N>32 as will be
illustrated later.

Some of the key aspects of the current invention related to
layout diagram 300C of F1G. 3C are noted. 1) All the switches
in one row of the multi-stage network 300B are implemented
in a single block. 2) The blocks are placed in such a way that
all the inter-block links are either horizontal tracks, vertical
tracks or diagonal tracks; 3) The length of the longest wire is
about half of the width (or length) of the complete layout (For
example middle link MI.(4,4) is about half the width of the
complete layout.);

The layout 300C in FIG. 3C can be recursively extended
for any arbitrarily large generalized folded multi link multi-
stage network V. ,.;(N1, Ny, d, s). Referring to layout
300H of FIG. 3H, illustrates the extension of layout 300C for
the network V.1 ,.7,4(N1, N>, d, s) where N, =N,=128; d=2;
and s=2. There are four super-quadrants in layout 300H
namely top-left super-quadrant, bottom-left super-quadrant,
top-right super-quadrant, bottom-right super-quadrant. Total
number of blocks in the layout 300H is sixty four. Top-left
super-quadrant implements the blocks from block 1_2 to
block 31_32. Each block in all the super-quadrants has two
more switches namely switch 6 and switch 7 in addition to the
switches [1-5] illustrated in layout 300C of FIG. 3C. The
inter-block link connection topology is the exactly the same
between the switches 1 and 2; switches 2 and 3; switches 3
and 4; switches 4 and 5 as it is shown in the layouts of FIG.
3D, FIG. 3E, FIG. 3F, and FIG. 3G respectively.

Bottom-left super-quadrant implements the blocks from
block 33_34 to block 63_64. Top-right super-quadrant imple-
ments the blocks from block 65_66 to block 95 96. And
bottom-right super-quadrant implements the blocks from
block 97_98 to block 127_128. In all these three super-quad-
rants also, the inter-block link connection topology is the
exactly the same between the switches 1 and 2; switches 2 and
3; switches 3 and 4; switches 4 and 5 as that of the top-left
super-quadrant.

Recursively in accordance with the current invention, the
inter-block links connecting the switch 5 and switch 6 will be
vertical tracks between the corresponding switches of top-left
super-quadrant and bottom-left super-quadrant. And simi-
larly the inter-block links connecting the switch 5 and switch
6 will be vertical tracks between the corresponding switches
of top-right super-quadrant and bottom-right super-quadrant.
The inter-block links connecting the switch 6 and switch 7
will be horizontal tracks between the corresponding switches
of top-left super-quadrant and top-right super-quadrant. And
similarly the inter-block links connecting the switch 6 and
switch 7 will be horizontal tracks between the corresponding
switches of bottom-left super-quadrant and bottom-right
super-quadrant.

Ring Topology Layout Schemes:

Layout diagram 400C of FIG. 4C is another embodiment
for the generalized folded multi-link multi-stage network
V otdmiimid™Nys Ny, d, 5) diagram 100B in FIG. 1B.

Referring to layout 400C of FIG. 4C, there are sixteen
blocks namely Block 1_2, Block 3_4, Block 5_6, Block 7_8,
Block 9 10, Block 11_12, Block 13_14, Block 15_16, Block
17_18, Block 19_20, Block 21_22, Block 23_24, Block
25_26, Block 27_28, Block 29_30, and Block 31_32. Each
block implements all the switches in one row of the network
100B of FIG. 1B, one of the key aspects of the current inven-
tion. Forexample Block 1_2 implements the input switch IS1,
output Switch OS1, middle switch MS(1,1), middle switch
MS(7,1), middle switch MS(2,1), middle switch MS(6,1),
middle switch MS(3,1), middle switch MS(5,1), and middle
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switch MS(4,1). For the simplification of illustration, Input
switch IS1 and output switch OS1 together are denoted as
switch 1; Middle switch MS(1,1) and middle switch MS(7,1)
together are denoted by switch 2; Middle switch MS(2,1) and
middle switch MS(6,1) together are denoted by switch 3;
Middle switch MS(3,1) and middle switch MS(5,1) together
are denoted by switch 4; And middle switch MS(4,1) is
denoted by switch 5.

All the straight middle links are illustrated in layout 400C
of FIG. 4C. For example in Block 1_2, inlet links IL.1-11.2,
outlet links OL1-OL2, middle link ML(1,1), middle link
ML(1,2), middle link MI(8,1), middle link ML(8,2), middle
link ML(2,1), middle link ML(2,2), middle link ML(7,1),
middle link MIL(7,2), middle link ML(3,1), middle link
ML.(3,2), middle link MI(6,1), middle link ML(6,2), middle
link ML.(4,1), middle link ML(4,2), middle link ML(5,1) and
middle link ML(5,2) are illustrated in layout 400C of FIG.
4C.

Even though it is not illustrated in layout 400C of FIG. 4C,
in each block, in addition to the switches there may be Con-
figurable Logic Blocks (CLB) or any arbitrary digital circuit
or sub-integrated circuit block depending on the applications
in different embodiments. The topology of the layout 400C in
FIG. 4Cis aring. For each of the neighboring rows in diagram
100B of FIG. 1B the corresponding blocks are also physically
neighbors in layout diagram 400C of FIG. 4C. In addition the
topmost row is also logically considered as neighbor to the
bottommost row. For example Block 1_2 (implementing the
switches belonging to arow in diagram 100B of FIG. 1B) has
Block 3_4 as neighbor since Block 3_4 implements the
switches in its neighboring row. Similarly Block 1_2 also has
Block 31_32 as neighbor since Block 1_2 implements top-
most row of switches and Block 31_32 implements bottom-
most row of switches in diagram 100B of FIG. 1B. The ring
layout scheme illustrated in 400C of FIG. 4C can be gener-
alized for a large multi-stage network Vi ;7 ,.2,,2(Ny, N>, d, )
where N,=N,>32 in accordance with the current invention.

Layout 400B of FIG. 4B illustrates the inter-block links (in
the layout 400A of FIG. 4A all the cross middle links are
inter-block links) between switches 1 and 2 of each block. For
example middle links ML(1,3), ML(1,4), ML(8,7), and
ML(8,8) are connected between switch 1 of Block 1_2 and
switch 2 of Block 3_4. Similarly middle links ML(1,7),
ML(1,8), ML(8,3), and ML(8,4) are connected between
switch 2 of Block 1_2 and switch 1 of Block 3_4. Applicant
notes that the inter-block links illustrated in layout 400B of
FIG. 4B are implemented as vertical tracks or horizontal
tracks or diagonal tracks. Also in one embodiment inter-block
links are implemented as two different tracks (for example
middle links MI.(1,4) and ML.(8,8) are implemented as two
different tracks); or in an alternative embodiment inter-block
links are implemented as a time division multiplexed single
track (for example middle links MI.(1,4) and ML(8,8) are
implemented as a time division multiplexed single track).

Layout 400C of FIG. 4C illustrates the inter-block links
between switches 2 and 3 of each block. For example middle
links ML(2,3), ML(2,4), ML(7,11), and ML(7,12) are con-
nected between switch 2 of Block 1_2 and switch 3 of Block
3_4. Similarly middle links ML(2,11), ML(2,12), ML(7,3),
and ML(7,4) are connected between switch 3 of Block 1_2
and switch 2 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 400C of FIG. 4C are imple-
mented as vertical tracks or horizontal tracks or diagonal
tracks. Also in one embodiment inter-block links are imple-
mented as two different tracks (for example middle links
ML(2,12) and MIL(7,4) are implemented as two different
tracks); or in an alternative embodiment inter-block links are
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implemented as a time division multiplexed single track (for
example middle links MI.(2,12) and ML(7,4) are imple-
mented as a time division multiplexed single track).

Layout 400D of FIG. 4D illustrates the inter-block links
between switches 3 and 4 of each block. For example middle
links ML(3,3), ML(3.,4), ML(6,19), and ML(6,20) are con-
nected between switch 3 of Block 1_2 and switch 4 of Block
3_4. Similarly middle links ML.(3,19), ML(3,20), ML(6,3),
and MI(6.4) are connected between switch 4 of Block 1_2
and switch 3 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 400D of FIG. 4D are imple-
mented as vertical tracks or horizontal tracks or diagonal
tracks. Also in one embodiment inter-block links are imple-
mented as two different tracks (for example middle links
ML(3,4) and ML(6,20) are implemented as two different
tracks); or in an alternative embodiment inter-block links are
implemented as a time division multiplexed single track (for
example middle links ML.(3,4) and ML(6,20) are imple-
mented as a time division multiplexed single track).

Layout 400E of FIG. 4E illustrates the inter-block links
between switches 4 and 5 of each block. For example middle
links ML.(4,3), ML(4,4), ML(5,35), and ML(5,36) are con-
nected between switch 4 of Block 1_2 and switch 5 of Block
3_4. Similarly middle links M1.(4,35), ML(4,36), ML(5,3),
and MI(5,4) are connected between switch 5 of Block 1_2
and switch 4 of Block 3_4. Applicant notes that the inter-
block links illustrated in layout 400E of FIG. 4E are imple-
mented as vertical tracks or horizontal tracks or diagonal
tracks. Also in one embodiment inter-block links are imple-
mented as two different tracks (for example middle links
ML(4,4) and ML(5,36) are implemented as two different
tracks); or in an alternative embodiment inter-block links are
implemented as a time division multiplexed single track (for
example middle links MI[.(4,4) and ML(5,36) are imple-
mented as a time division multiplexed single track).

The complete layout for the network 100B of FIG. 1B is
given by combining the links in layout diagrams of 400A,
4008, 400C, 400D, and 400E.

Some of the key aspects of the current invention related to
layout diagram 400A of F1G. 4A are noted. 1) All the switches
in one row of the multi-stage network 100B are implemented
in a single block. 2) The blocks are placed in such a way that
all the inter-block links are either horizontal tracks, vertical
tracks or diagonal tracks; 3) Length of the different wires
between the same two middle stages is not the same. However
it gives an opportunity to implement the most connected
circuits to place and route through the blocks which have
shorter wires.

Layout diagram 400C1 of FIG. 4C1 is another embodiment
for the generalized folded multi-link multi-stage network
V orimiiniNy s Na, d, ) diagram 1008 in FIG. 1B. Referring
to layout 400C1 of FIG. 4C1, there are sixteen blocks namely
Block 1_2, Block 3_4, Block 5_6, Block 7_8, Block 9_10,
Block 11_12, Block 13_14, Block 15_16, Block 17_18,
Block 19 20, Block 21_22, Block 23_24, Block 25_26,
Block 27_28, Block 29_30, and Block 31_32. Each block
implements all the switches in one row of the network 100B
of FIG. 1B, one of the key aspects of the current invention. For
example Block 1_2 implements the input switch IS1, output
Switch OS1, middle switch MS(1,1), middle switch MS(7.1),
middle switch MS(2,1), middle switch MS(6,1), middle
switch MS(3,1), middle switch MS(5,1), and middle switch
MS(4,1). For the simplification of illustration, Input switch
181 and output switch OS1 together are denoted as switch 1;
Middle switch MS(1,1) and middle switch MS(7,1) together
are denoted by switch 2; Middle switch MS(2,1) and middle
switch MS(6,1) together are denoted by switch 3; Middle
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switch MS(3,1) and middle switch MS(5,1) together are
denoted by switch 4; And middle switch MS(4.1) is denoted
by switch 5.

All the straight middle links are illustrated in layout 400C1
of FIG. 4C1. For example in Block 1_2, inlet links IL.1-11.2,
outlet links OL1-OL2, middle link ML(1,1), middle link
ML(1,2), middle link MI(8,1), middle link ML(8,2), middle
link ML(2,1), middle link ML(2,2), middle link ML(7,1),
middle link MI(7,2), middle link ML(3,1), middle link
ML.(3,2), middle link MI(6,1), middle link ML(6,2), middle
link ML.(4,1), middle link ML(4,2), middle link ML(5,1) and
middle link ML(5,2) are illustrated in layout 400C1 of FIG.
4C1.

Even though it is not illustrated in layout 400C1 of FIG.
4C1, in each block, in addition to the switches there may be
Configurable Logic Blocks (CLB) or any arbitrary digital
circuit or sub-integrated circuit block depending on the appli-
cations in different embodiments. The topology of the layout
400C1 in FIG. 4C1 is another embodiment of ring layout
topology. For each of the neighboring rows in diagram 100B
of FIG. 1B the corresponding blocks are also physically
neighbors in layout diagram 400C of FIG. 4C. In addition the
topmost row is also logically considered as neighbor to the
bottommost row. For example Block 1_2 (implementing the
switches belonging to arow in diagram 100B of FIG. 1B) has
Block 3_4 as neighbor since Block 3_4 implements the
switches in its neighboring row. Similarly Block 1_2 also has
Block 31_32 as neighbor since Block 1_2 implements top-
most row of switches and Block 31_32 implements bottom-
most row of switches in diagram 100B of FIG. 1B. The ring
layout scheme illustrated in 400C of FIG. 4C can be gener-
alized for a large multi-stage network Vi ;7 ,.2,,2(Ny, N>, d, 5)
where N,=N,>32, in accordance with the current invention.

All the layout embodiments disclosed in the current inven-
tion are applicable to generalized multi-stage networks V(N ,
N, d, s), generalized folded multi-stage networks V (N,
N, d, s), generalized butterfly fat tree networks V, ,(N;, N,
d, s), generalized multi-link multi-stage networks V. .(N,,
N,, d, s), generalized folded multi-link multi-stage networks
Votdmimid®™ys No, d, 5), generalized multi-link butterfly fat
tree networks V... (N}, Ny, d, 5), and generalized hyper-
cube networks V.., ,.(N |, N,, d, s) for s=1, 2, 3 or any number
in general, and for both N;=N=N and N,=N,, and d is any
integer.

Conversely applicant makes another important observation
that generalized hypercube networks V,,....,.(N,, N,, d, s) are
implemented with the layout topology being the hypercube
topology shown in layout 100C of FIG. 1C with large scale
cross point reduction as any one of the networks described in
the current invention namely: generalized multi-stage net-
works V(N,, N,, d, s), generalized folded multi-stage net-
works V., (N, N, d, s), generalized butterfly fat tree net-
works V,4(N,, N5, d, s), generalized multi-link multi-stage
networks V, .. .(N,, N,, d, s), generalized folded multi-link
multi-stage networks V,; ,.,x(Ny, Ny, d, s), generalized
multi-link butterfly fat tree networks V.4 ,4(Ny, N5, d, )
fors=1, 2, 3 or any number in general, and for both N,=N,=N
and N, =N,, and d is any integer.

Applications Embodiments

All the embodiments disclosed in the current invention are
useful in many varieties of applications. FIG. 5A1 illustrates
the diagram of 500A1 which is a typical two by two switch
with two inlet links namely IL.1 and 1.2, and two outlet links
namely OL1 and OL2. The two by two switch also imple-
ments four crosspoints namely CP(1,1), CP(1,2), CP(2,1) and
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CP(2,2) as illustrated in FIG. 5A1. For example the diagram
0t 500A1 may the implementation of middle switch MS(1,1)
of the diagram 100K of FIG. 1K where inlet link 1[.1 of
diagram 500A1 corresponds to middle link ML(1,1) of dia-
gram 100K, inlet link 1.2 of diagram 500A1 corresponds to
middle link ML(1,7) of diagram 100K, outlet link OL1 of
diagram 500A1 corresponds to middle link ML(2,1) of dia-
gram 100K, outlet link OL.2 of diagram 500A1 corresponds to
middle link ML(2,3) of diagram 100K.

1) Programmable Integrated Circuit Embodiments

All the embodiments disclosed in the current invention are
useful in programmable integrated circuit applications. FIG.
5A2 illustrates the detailed diagram 500 A2 for the implemen-
tation of the diagram 500A1 in programmable integrated
circuit embodiments. Each crosspoint is implemented by a
transistor coupled between the corresponding inlet link and
outlet link, and a programmable cell in programmable inte-
grated circuit embodiments. Specifically crosspoint CP(1,1)
is implemented by transistor C(1,1) coupled between inlet
link II.1 and outlet link OL1, and programmable cell P(1,1);
crosspoint CP(1,2) is implemented by transistor C(1,2)
coupled between inlet link IL1 and outlet link OL2, and
programmable cell P(1,2); crosspoint CP(2,1) is imple-
mented by transistor C(2,1) coupled between inlet link 1.2
and outlet link OL1, and programmable cell P(2,1); and cros-
spoint CP(2,2) is implemented by transistor C(2,2) coupled
between inlet link I1.2 and outlet link OL2, and program-
mable cell P(2,2).

If the programmable cell is programmed ON, the corre-
sponding transistor couples the corresponding inlet link and
outlet link. If the programmable cell is programmed OFF, the
corresponding inlet link and outlet link are not connected. For
example if the programmable cell P(1,1) is programmed ON,
the corresponding transistor C(1,1) couples the correspond-
ing inlet link II.1 and outlet link OL1. If the programmable
cell P(1,1) is programmed OFF, the corresponding inlet link
IL1 and outlet link OL1 are not connected. In volatile pro-
grammable integrated circuit embodiments the program-
mable cell may be an SRAM (Static Random Address
Memory) cell. In non-volatile programmable integrated cir-
cuit embodiments the programmable cell may be a Flash
memory cell. Also the programmable integrated circuit
embodiments may implement field programmable logic
arrays (FPGA) devices, or programmable Logic devices
(PLD), or Application Specific Integrated Circuits (ASIC)
embedded with programmable logic circuits or 3D-FPGAs.

FIG. 5A2 also illustrates a buffer B1 on inlet link IL.2. The
signals driven along inlet link I1.2 are amplified by buffer B1.
Buffer B1 can be inverting or non-inverting bufter. Buffers
such as B1 are used to amplify the signal in links which are
usually long.

2) One-Time Programmable Integrated Circuit
Embodiments

All the embodiments disclosed in the current invention are
useful in one-time programmable integrated circuit applica-
tions. FIG. 5A3 illustrates the detailed diagram 500A3 for the
implementation of the diagram 500A1 in one-time program-
mable integrated circuit embodiments. Each crosspoint is
implemented by a via coupled between the corresponding
inlet link and outlet link in one-time programmable integrated
circuit embodiments. Specifically crosspoint CP(1,1) is
implemented by via V(1,1) coupled between inlet link I[.1
and outlet link OL1; crosspoint CP(1,2) is implemented by
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viaV(1,2) coupled between inlet link IL.1 and outlet link O1.2;
crosspoint CP(2,1) is implemented by via V(2,1) coupled
between inlet link I[.2 and outlet link OL1; and crosspoint
CP(2,2) is implemented by via V(2,2) coupled between inlet
link IL.2 and outlet link OL2.

If the via is programmed ON, the corresponding inlet link
and outlet link are permanently connected which is denoted
by thick circle at the intersection of inlet link and outlet link.
If the via is programmed OFF, the corresponding inlet link
and outlet link are not connected which is denoted by the
absence of thick circle at the intersection of inlet link and
outlet link For example in the diagram 500A3 the via V(1,1)
is programmed ON, and the corresponding inlet link II.1 and
outlet link OL1 are connected as denoted by thick circle at the
intersection of inlet link IL1 and outlet link OL1; the via
V(2,2) is programmed ON, and the corresponding inlet link
12 and outlet link OL2 are connected as denoted by thick
circle at the intersection of inlet link I1.2 and outlet link OL2;
the via V(1,2) is programmed OFF, and the corresponding
inlet link IL1 and outlet link OL2 are not connected as
denoted by the absence of thick circle at the intersection of
inlet link IL.1 and outlet link OL2; the via V(2,1) is pro-
grammed OFF, and the corresponding inlet link I1.2 and out-
let link OL1 are not connected as denoted by the absence of
thick circle at the intersection of inlet link IL.2 and outlet link
OL1. One-time programmable integrated circuit embodi-
ments may be anti-fuse based programmable integrated cir-
cuit devices or mask programmable structured ASIC devices.

3) Integrated Circuit Placement and Route
Embodiments

All the embodiments disclosed in the current invention are
useful in Integrated Circuit Placement and Route applica-
tions, for example in ASIC backend Placement and Route
tools. FIG. 5A4 illustrates the detailed diagram 500 A4 for the
implementation of the diagram 500A1 in Integrated Circuit
Placement and Route embodiments. In an integrated circuit
since the connections are known a-priori, the switch and
crosspoints are actually virtual. However the concept of vir-
tual switch and virtual crosspoint using the embodiments
disclosed in the current invention reduces the number of
required wires, wire length needed to connect the inputs and
outputs of different netlists and the time required by the tool
for placement and route of netlists in the integrated circuit.

Each virtual crosspoint is used to either to hardwire or
provide no connectivity between the corresponding inlet link
and outlet link. Specifically crosspoint CP(1,1) is imple-
mented by direct connect point DCP(1,1) to hardwire (i.e., to
permanently connect) inlet link IL.1 and outlet link OL1
which is denoted by the thick circle at the intersection of inlet
link II.1 and outlet link OL1; crosspoint CP(2,2) is imple-
mented by direct connect point DCP(2,2) to hardwire inlet
link 1L.2 and outlet link OL2 which is denoted by the thick
circle at the intersection of inlet link IL.2 and outlet link OL2.
The diagram 500A4 does not show direct connect point DCP
(1,2) and direct connect point DCP(1,3) since they are not
needed and in the hardware implementation they are elimi-
nated. Alternatively inlet link II.1 needs to be connected to
outlet link OL1 and inlet link IL1 does not need to be con-
nected to outlet link OL2. Also inlet link IL.2 needs to be
connected to outlet link OL2 and inlet link I1L.2 does not need
to be connected to outlet link OL1. Furthermore in the
example of the diagram 500A4, there is no need to drive the
signal of inlet link 1.1 horizontally beyond outlet link OL1
and hence the inlet link IL1 is not even extended horizontally
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until the outlet link OL2. Also the absence of direct connect
point DCP(2,1) illustrates there is no need to connect inlet
link IL.2 and outlet link OL1.

In summary in integrated circuit placement and route tools,
the concept of virtual switches and virtual cross points is used
during the implementation of the placement & routing algo-
rithmically in software, however during the hardware imple-
mentation cross points in the cross state are implemented as
hardwired connections between the corresponding inlet link
and outlet link, and in the bar state are implemented as no
connection between inlet link and outlet link.

3) More Application Embodiments

All the embodiments disclosed in the current invention are
alsouseful in the design of SoC interconnects, Field program-
mable interconnect chips, parallel computer systems and in
time-space-time switches.

Numerous modifications and adaptations of the embodi-
ments, implementations, and examples described herein will
be apparent to the skilled artisan in view of the disclosure.

What is claimed is:

1. An integrated circuit device comprising a plurality of
sub-integrated circuit blocks and a routing network, and

Said each plurality of sub-integrated circuit blocks com-

prising a plurality of inlet links and a plurality of outlet
links; and

Said routing network comprising of a plurality of stages y,

in each said sub-integrated circuit block, starting from
the lowest stage of 1 to the highest stage of y, where
yZ1; and

Said routing network comprising a plurality of switches of

size dxd, where d=2, in each said stage and each said
switch of size dxd having d inlet links and d outlet links;
and

Said plurality of outlet links of said each sub-integrated

circuit block are directly connected to said inlet links of
said switches of its corresponding said lowest stage of 1,
and said plurality of inlet links of said each sub-inte-
grated circuit block are directly connected from said
outlet links of said switches of its corresponding said
lowest stage of 1; and

Said each sub-integrated circuit block comprising a plural-

ity of forward connecting links connecting from
switches in a lower stage to switches in its immediate
succeeding higher stage, and also comprising a plurality
of'backward connecting links connecting from switches
in a higher stage to switches in its immediate preceding
lower stage; and

Said each sub-integrated circuit block comprising a plural-

ity straight links in said forward connecting links from
switches in said each lower stage to switches in its
immediate succeeding higher stage and a plurality cross
links in said forward connecting links from switches in
said each lower stage to switches in its immediate suc-
ceeding higher stage, and further comprising a plurality
of straight links in said backward connecting links from
switches in said each higher stage to switches in its
immediate preceding lower stage and a plurality of cross
links in said backward connecting links from switches in
said each higher stage to switches in its immediate pre-
ceding lower stage,

said plurality of sub-integrated circuit blocks arranged in a

two-dimensional grid of rows and columns, and

said all straight links are connecting from switches in each

said sub-integrated circuit block are connecting to
switches in the same said sub-integrated circuit block;
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and said all cross links are connecting as either vertical
or horizontal links between switches in two different
said sub-integrated circuit blocks which are either
placed vertically above or below, or placed horizontally
to the left or to the right,
each said plurality of sub-integrated circuit blocks com-
prising same number of said stages and said switches in
each said stage, regardless of the size of said two-dimen-
sional grid so that each said plurality of sub-integrated
circuit block with its corresponding said stages and said
switches in each stage is replicable in both vertical direc-
tion or horizontal direction of said two-dimensional
grid.
2. The integrated circuit device of claim 1,
said two-dimensional grid of said sub-integrated circuit
blocks with their corresponding said stages and said
switches in each stage is scalable by any power of 2, and,

for each multiplication of 2 of the size of total said sub-
integrated circuit blocks, by adding one more stage of
switches and the layout is placed in hypercube format
and also the cross links between said one more stage of
switches are connected in hypercube format.

3. The integrated circuit device of claim 2, wherein said
cross links in succeeding stages are connecting as alternative
vertical and horizontal links between switches in said sub-
integrated circuit blocks.

4. The integrated circuit device of claim 3, wherein said
cross links from switches in a stage in one of said sub-inte-
grated circuit blocks are connecting to switches in the suc-
ceeding stage in another of said sub-integrated circuit blocks
so that said cross links are either vertical links or horizontal
and vice versa, and hereinafter such cross links are “shuffle
exchange links”).

5. The integrated circuit device of claim 4, wherein said all
horizontal shuffle exchange links between switches in any
two corresponding said succeeding stages are substantially of
equal length and said vertical shuffle exchange links between
switches in any two corresponding said succeeding stages are
substantially of equal length in the entire said integrated
circuit device.

6. The integrated circuit device of claim 5, wherein the
shortest horizontal shuffle exchange links are connecting at
the lowest stage and between switches in two nearest neigh-
boring said sub-integrated circuit blocks, and length of the
horizontal shuftle exchange links is doubled in each succeed-
ing stage; and the shortest vertical shuffle exchange links are
connecting at the lowest stage and between switches in two
nearest neighboring said sub-integrated circuit blocks, and
length of the vertical shuffle exchange links is doubled in each
succeeding stage.

7. The integrated circuit device of claim 6, wherein
yZ(log, N), where N>1, so that the length of the horizontal
shuftle exchange links in the highest stage is equal to half'the
size of the horizontal size of said two dimensional grid of
sub-integrated circuit blocks and the length of the vertical
shuftle exchange links in the highest stage is equal to half'the
size of the vertical size of said two dimensional grid of sub-
integrated circuit blocks.

8. The integrated circuit device of claim 7, wherein d=2 and
there is only one switch in each said stage in each said sub-
integrated circuit block connecting said forward connecting
links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast Benes network with full bandwidth.
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9. The integrated circuit device of claim 7, wherein d=2 and
there are at least two switches in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there are at least two switches in each said stage
in each said sub-integrated circuit block connecting said
backward connecting links and said routing network is
strictly nonblocking for unicast Benes network and rear-
rangeably nonblocking for arbitrary fan-out multicast Benes
network with full bandwidth.

10. The integrated circuit device of claim 7, wherein d=2
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast Benes
network with full bandwidth.

11. The integrated circuit device of claim 6, wherein
yZ(log, N), where N>1, so that the length of the horizontal
shuftle exchange links in the highest stage is equal to half the
size of the horizontal size of said two dimensional grid of
sub-integrated circuit blocks and the length of the vertical
shuftle exchange links in the highest stage is equal to half the
size of the vertical size of said two dimensional grid of sub-
integrated circuit blocks, and

said each sub-integrated circuit block further comprising a

plurality of U-turn links within switches in each of said
stages in each of said sub-integrated circuit blocks.

12. The integrated circuit device of claim 11, wherein d=2
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast butterfly fat tree network with full
bandwidth.

13. The integrated circuit device of claim 11, wherein d=2
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast butterfly fat tree network and
rearrangeably nonblocking for arbitrary fan-out multicast
butterfly fat tree network with full bandwidth.

14. The integrated circuit device of claim 11, wherein d=2
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast butterfly
fat tree network with full bandwidth.

15. The integrated circuit device of claim 1, wherein said
horizontal and vertical links are implemented on two or more
metal layers.

16. The integrated circuit device of claim 1, wherein said
switches comprising active and reprogrammable cross points
and said each cross point is programmable by an SRAM cell
or a Flash Cell.

17. The integrated circuit device of claim 1, wherein said
sub-integrated circuit blocks are of equal die size.

18. The integrated circuit device of claim 15, wherein said
sub-integrated circuit blocks are Lookup Tables (hereinafter
“LUTs”) and said integrated circuit device is a field program-
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mable gate array (FPGA) device or field programmable gate
array (FPGA) block embedded in another integrated circuit
device.

19. The integrated circuit device of claim 15, wherein said
sub-integrated circuit blocks are AND or OR gates and said
integrated circuit device is a programmable logic device
(PLD).

20. The integrated circuit device of claim 1, wherein said
sub-integrated circuit blocks comprising any arbitrary hard-
ware logic or memory circuits.

21. The integrated circuit device of claim 1, wherein said
switches comprising active one-time programmable cross
points and said integrated circuit device is a mask program-
mable gate array (MPGA) device or a structured ASIC device.

22. The integrated circuit device of claim 1, wherein said
switches comprising passive cross points or just connection
of two links or not and said integrated circuit device is a
Application Specific Integrated Circuit (ASIC) device.

23. The integrated circuit device of claim 1, wherein said
sub-integrated circuit blocks further recursively comprise one
or more super-sub-integrated circuit blocks and a sub-routing
network.

24. The integrated circuit device of claim 4, wherein said
all horizontal shuffle exchange links between switches in any
two corresponding said succeeding stages are of different
length and said vertical shuffle exchange links between
switches in any two corresponding said succeeding stages are
of different length and y=(log, N) where N>1.

25. The integrated circuit device of claim 24, wherein d=2
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast generalized multi-stage network
with full bandwidth.

26. The integrated circuit device of claim 24, wherein d=2
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast generalized multi-stage net-
work and rearrangeably nonblocking for arbitrary fan-out
multicast generalized multi-stage network with full band-
width.

27. The integrated circuit device of claim 24, wherein d=2
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast general-
ized multi-stage network with full bandwidth.

28. The integrated circuit device of claim 4, wherein said
all horizontal shuffle exchange links between switches in any
two corresponding said succeeding stages are of different
length and said vertical shuffle exchange links between
switches in any two corresponding said succeeding stages are
of different length and y=(log, N), where N>1, and

said each sub-integrated circuit block further comprising a

plurality of U-turn links within switches in each of said
stages in each of said sub-integrated circuit blocks.

29. The integrated circuit device of claim 28, wherein d=2
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
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said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast generalized butterfly fat tree network
with full bandwidth.

30. The integrated circuit device of claim 28, wherein d=2
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast generalized butterfly fat tree
Network and rearrangeably nonblocking for arbitrary fan-out
multicast generalized butterfly fat tree network with full
bandwidth.

31. The integrated circuit device of claim 28, wherein d=2
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast general-
ized butterfly fat tree network with full bandwidth.

32. The integrated circuit device of claim 1, wherein said
straight links connecting from switches in each said sub-
integrated circuit block are connecting to switches in the same
said sub-integrated circuit block; and

said cross links are connecting as vertical or horizontal or

diagonal links between two different said sub-integrated
circuit blocks.

33. The integrated circuit device of claim 7, wherein d=4
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast multi-link Benes network with full
bandwidth.

34. The integrated circuit device of claim 7, wherein d=4
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast multi-link Benes network and
rearrangeably nonblocking for arbitrary fan-out multicast
multi-link Benes network with full bandwidth.

35. The integrated circuit device of claim 7, wherein d=4
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast multi-link
Benes network with full bandwidth.

36. The integrated circuit device of claim 11, wherein d=4
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast multi-link butterfly fat tree network
with full bandwidth.

37. The integrated circuit device of claim 11, wherein d=4
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
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connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast multi-link butterfly fat tree
network and rearrangeably nonblocking for arbitrary fan-out
multicast multi-link butterfly fat tree network with full band-
width.

38. The integrated circuit device of claim 11, wherein d=4
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast multi-link
butterfly fat tree network with full bandwidth.

39. The integrated circuit device of claim 4, wherein said
all horizontal shuffle exchange links between switches in any
two corresponding said succeeding stages are of different
length and said vertical shuffle exchange links between
switches in any two corresponding said succeeding stages are
of different length and y=(log, N), where N>1.

40. The integrated circuit device of claim 39, wherein d=4
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast generalized multi-link multi-stage
network with full bandwidth.

41. The integrated circuit device of claim 39, wherein d=4
and there are at least two switches in each said stage in each
said sub-integrated circuit block) connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast generalized multi-link multi-
stage network and rearrangeably nonblocking for arbitrary
fan-out multicast generalized multi-link multi-stage network
with full bandwidth.

42. The integrated circuit device of claim 39, wherein d=4
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast general-
ized multi-link multi-stage network with full bandwidth.

43. The integrated circuit device of claim 4, wherein said
all horizontal shuffle exchange links between switches in any
two corresponding said succeeding stages are of different
length and said vertical shuffle exchange links between
switches in any two corresponding said succeeding stages are
of different length and y=(log, N), where N>1, and

said each sub-integrated circuit block further comprising a

plurality of U-turn links within switches in each of said
stages in each of said sub-integrated circuit blocks.

44. The integrated circuit device of claim 43, wherein d=4
and there is only one switch in each said stage in each said
sub-integrated circuit block connecting said forward connect-
ing links and there is only one switch in each said stage in each
said sub-integrated circuit block connecting said backward
connecting links and said routing network is rearrangeably
nonblocking for unicast generalized multi-link butterfly fat
tree network with full bandwidth.
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45. The integrated circuit device of claim 43, wherein d=4
and there are at least two switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least two switches in each
said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for unicast generalized multi-link butter-
fly fat tree Network and rearrangeably nonblocking for arbi-
trary fan-out multicast generalized multi-link butterfly fat tree
network with full bandwidth.

46. The integrated circuit device of claim 43, wherein d=4
and there are at least three switches in each said stage in each
said sub-integrated circuit block connecting said forward
connecting links and there are at least three switches in each
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said stage in each said sub-integrated circuit block connecting
said backward connecting links and said routing network is
strictly nonblocking for arbitrary fan-out multicast general-
ized multi-link butterfly fat tree network with full bandwidth.

47. The integrated circuit device of claim 1, wherein said
plurality of forward connecting links use a plurality of buffers
to amplify signals driven through them and said plurality of
backward connecting links use a plurality of buffers to
amplify signals driven through them; and said buffers can be
inverting or non-inverting buffers.

48. The integrated circuit device of claim 1, wherein said
all switches of size dxd are either fully populated or partially
populated.





